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Abstract—The magnetoresonance and dielectric properties of a number of crystals of a new family of multi-
ferroics, namely, rare-earth ferroborates RFe;(BO;), (R =Y, Eu, Pr, Tb, Tby ,5Er( 75), are studied in the sub-
millimeter frequency range (v = 3—20 cm™"). Ferroborates with R =Y, Tb, and Eu exhibit permittivity jumps
at temperatures of 375, 198, and 58 K, respectively, which are caused by the R32 — P3,21 phase transition.
Antiferromagnetic resonance (AFMR) modes in the subsystem of Fe3* ions are detected in the range of anti-
ferromagnetic ordering (7'< Ty = 30—40 K) in all ferroborates that have either an easy-plane (Y, Eu) or easy-
axis (Pr, Tb, Tbq »5Er, 75) magnetic structure. The AFMR frequencies are found to depend strongly on the
magnetic anisotropy of a rare-earth ion and its exchange interaction with the Fe subsystem, which determine
the type of magnetic structure and the sign and magnitude of an effective anisotropy constant. The basic
parameters of the magnetic interactions in these ferroborates are found, and the magnetoelectric contribu-

tion to AFMR is analyzed.
DOI: 10.1134/S106377611105013X

INTRODUCTION

Rare-earth ferroborates RFe;(BO;), (R =Y,
La—Lu) have recently attracted considerable interest
due to the discovery of multiferroelectric phenomena
in them [1, 2] and to their interesting magnetic, opti-
cal, and other properties caused by the exchange inter-
action between the iron and rare-earth magnetic sub-
systems [3, 4]. At sufficiently high temperatures, all
rare-earth ferroborates have a noncentrosymmetric
trigonal structure belonging to space group R32 [5, 6],
which remains unchanged in a number of ferroborates
with a large ionic radius of an R ion (La—Sm) down to
low temperatures. In ferroborates with a smaller ionic
radius of an R ion (Eu—Er, Y), a phase transition into
a low-symmetry trigonal crystal structure of space
group P3,21 takes place when temperature decreases
[7, 8].

At temperatures below Ty, = 30—40 K, antiferromag-
netic ordering occurs in the iron ion subsystem in ferrob-
orates: depending on the type of R ion, iron ion spins are
oriented in either plane ab (R = Nd, Sm, Eu, Er, Y) [4,
9, 10] or along trigonal axis ¢ (R = Pr, Tb, Dy) [11—14].
In this case, a magnetic order is also induced in the rare-
earth subsystem due R—Fe to exchange; it plays an
important role in stabilizing an easy-plane or uniaxial
magnetic structure, and the role of a rather weak R—R
interaction here is insignificant. A strong effect of the
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anisotropy of the rare-earth subsystem on a magnetic
structure and spontaneous and magnetic field—induced
phase transitions is indicated by recent studies of substi-
tutional ferroborates Tb,_ Er Fe;(BO;), [15] and
Nd, _,Dy Fe;(BO;), [16] with competing R—Fe
exchange interactions.

Obviously, these specific features of the interacting
Fe and R subsystems should manifest themselves in
not only static magnetic and magnetoelectric proper-
ties but also in high-frequency magnetoresonance
phenomena, which are scantly known in ferroborates.
In particular, a recent magnetoresonance investigation
of Y, _,Gd, Fe;(BO;), ferroborates performed in the
millimeter frequency range [17] revealed antiferro-
magnetic resonance (AFMR) modes of iron ion spins
and a significant effect of the Gd subsystem on their
frequency and the energy of magnetic anisotropy.

In this work, we present the results of studying the
antiferromagnetic resonance and the dielectric prop-
erties of ferroborates RFe;(BO;), (R =Y, Eu, Pr, Tb,
Tby »5Er, 75) in the submillimeter frequency range (3—
20 cm™!). The main purpose of this work is to reveal
the dependence of the AFMR frequency on the mag-
netic anisotropy of rare-earth ions, to determine their
contribution to the effective crystal anisotropy energy,
and to investigate the behavior of permittivity (in par-
ticular, during a structural phase transition).
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Fig. 1. Evolution of the absorption spectra and the high-
frequency AFMR mode (indicated by arrows) in easy-
plane EuFe3(BOj3), in the polarization 4 || b and e || c:
(points) experiment and (curves) fit.

EXPERIMENTAL

Ferroborate single crystals up to 1 cm in size were
grown upon solidification from a melt on seeds [18].
The samples for quasi-optical studies were prepared in
the form of a-cut (R =Y, Eu, Tb, Tb, »sEr, 75) and c-
cut (R = Pr) plane-parallel plates 0.5—1 mm thick.
The polarization measurements of transmission spec-
tra 7(v) were carried out using quasi-optical BWT
spectroscopy (BWT stands for backward-wave tube)
[19] in the frequency range 3—20 cm™! and the tem-
perature range 3—300 K.

Figures 1 and 2 give examples for the temperature
evolution of 7(v) spectra for easy-plane ferroborate
EuFe;(BO;), and easy-axis ferroborate TbFe;(BO;),.
All spectra were characterized by oscillations induced
by the interference of radiation in a plane-parallel
sample. In the antiferromagnetic ordering range (7 <
Ty = 35—40 K), resonance absorption lines were
detected against the background of these oscillations:
they were only detected for the polarization of a mag-
netic field normal to the ¢ axis and were identified as
AFMR modes of the Fe subsystem (see below). The
recorded spectra were simulated with the Fresnel for-
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Fig. 2. (a—d) Transmission spectra of easy-axis

TbFe;(BO3), in the polarization / || b and e || ¢ illustrating
the temperature behavior of the AFMR mode at H= 0. (e)
Splitting of the resonance line in a moderate magnetic field
H || c: (points) experiment and (curves) fit.

mula for a plane-parallel layer with allowance for the
dispersion of magnetic permeability near a resonance
absorption line:

HOV) = 1+ Y Apevi/ (V= Vi +ivAvy),
k

where v, Av,, and Ay, are the frequency, line width,
and contribution of the AFMR mode to the magnetic
permeability. When processing 7(v) spectra, we
obtained the temperature dependences of complex
permittivity € (Fig. 3) and the AFMR mode parame-
ters (Figs. 4, 5).

RESULTS AND DISCUSSION

We first consider the dielectric properties. As is
seen in Fig. 3, the temperature dependences of the real
part of permittivity €' of ferroborates YFe;(BO;),,
TbFe;(BO;),, and EuFe;(BO;), exhibit a strong
anisotropy along and across trigonal axis ¢. Jumplike
anomalies of €, and €|, = €, correspond to the tran-
sition from the high-temperature R32 phase into the

2011
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Fig. 3. Temperature dependences of the real part of the
permittivity at a frequency of 13 cm™! (390 GHz) (a) along
the c axis and (b) in the perpendicular direction for ferrob-
orates with R =Y, Eu, Pr, Tb, and Tby 55Er; 75. Arrows
indicate the phase-transition temperatures.

P3,21 phase with lower symmetry. Phase-transition
temperatures 7 are 375 K in YFe;(BO3),, 198 K in
TbFe;(BO3),, and 58 K in EuFe;(BOs5),, which agrees
well with the data obtained from heat capacity in [6,
13]. The most pronounced permittivity jumps are
observed along the trigonal axis. When the tempera-
ture decreases, the ¢.(7) dependence changes its
character below phase-transition temperature 7, and
becomes descending, whereas it increases or remains
almost unchanged above T,. In the composition
Tb, ,5Er, ,sFe;(BO;),, the behavior of €', corresponds
to the low-temperature P3,21 phase at 7 < 300 K,
which is likely to indicate a structural phase transition
above room temperature. Quantity &), changes

weakly with temperature, exhibits a small jump during
the structural transition, and falls in the range 12 <

¢, < 14 for all compositions under study. As for the
frequency dependence of the permittivity in the fre-
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Fig. 4. Temperature dependences of resonance frequencies
v, mode contributions to magnetic permeability Ay, and
linewidth Av of the high-frequency AFMR modes (% || b)
in easy-plane YFe;(BOj3)4 and EuFe;(BO3), ferroborates:
(points) values obtained from transmission spectra and
(lines) calculation.

quency range 2—16 cm™!, it is very weak or absent. The
imaginary part of the permittivity (Fig. 3b) is less than
0.1-0.2 at room temperature for all ferroborates under
study, decreases significantly with decreasing temper-
ature, and exhibits small anomalies during structural
phase transitions. A similar character of the tempera-
ture dependences of permittivity was also observed at
low (radio) frequencies [4, 7].

Let us now consider the magnetoresonance prop-
erties. The easy-plane antiferromagnetic state has the
following two AFMR modes [20]. In the low-fre-
quency mode, the oscillations of antiferromagnetism
vector L lie in easy plane ab and are excited by a field
parallel to axis c,

2
(‘ﬂ) ~ B+ 2H H cos60. (1)
Y
The high-frequency mode corresponds to antiferro-
magnetic moment L oscillations deviated from the
basal (easy) plane and excited by a field normal to axis
c and vector L,
2
((’iz) ~ 2 H H = K. )
Y X1

Vol. 113 No. 1 2011



116

T

T T T T T T
Tb  RFey(BO;), 4R=Tb

15 m Tby »sErg 75 ]
D Pr
£ 101 ° ]
© 10 Tby »5Erq 75
g 5 = TERe " L L] g _

n ...
M
0 | | | | | 1 1
10 +

Tby 25Erg 75

© [
1.0+ I l
brt]
* Tby 55Er 75
-
Z_I_}_.i."'
=N
.‘ :..‘Th ?".‘.. Pr ] 1 1 1
0 5 10 15 20 25 30 35 40
T,K

o
()]
T
= =

Fig. 5. Temperature dependences of resonance frequencies
v, mode contributions to magnetic permeability Ay, and
linewidth Av of the AFMR mode in uniaxial PrFe;(BO3),,
TbFe3(BO3)4, and Tbg 55Ery 75Fe3(BO3), ferroborates:
(points) values obtained from transmission spectra and
(lines) calculation.

In Eq. (1), an applied magnetic field lies in the basal

plane and, at H > ng , determines the orientation of
L in this plane, which is specified by angle ¢ (H L L);
%, is the transverse susceptibility of antiferromagneti-
cally ordered iron spins; M, is the magnetization of the
iron spin sublattices; Hy = M,/2y, is the field of iso-

tropic Fe—Fe exchange; Hje = Kp./M, is the anisot-
ropy field of the iron subsystem, which stabilizes the

easy-plane state; HEZ is the anisotropy field in the

basal plane (HEZ < Hie < Hp); and y is the gyromag-
netic ratio.

In the easy-plane ferroborates YFe;(BO;), and
EuFe;(BO,),, the modes excited by a field parallel to
axis b are identified as high-frequency AFMR modes
of Fe** ions (Fig. 1). In YFe,;(BO,), with nonmagnetic
Y, the obtained values of frequency v, = ®,/2n and
contribution Ap (Figs. 4a, 4b) are only determined by
the iron subsystem. The contribution of the high-fre-
quency mode excited by ac magnetic field h along any
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direction n in the basal lane is determined by the
expression (H = 0)

Ap, = 4my (1 - (L-m))] = 4ny,./2,  (3)

where averaging is performed over all vector L direc-
tions with allowance for a uniform distribution in the
ab plane over six natural anisotropy directions. (This
expression also holds true for a continuous distribu-
tion of L in this plane caused by random elastic stresses
if their magnetoelastic contribution to the energy
induced in the basal plane exceeds natural anisotropy

HEZ .) Such a distribution is supported by the anisot-

ropy of static magnetic susceptibility of YFe;(BO;),,
where the susceptibility in the basal plane is half that
along the c axis [4]. Note also that the obtained contri-
bution (Fig. 4b) is almost temperature independent,
which agrees with Eq. (3). With this contribution of
mode v,, we can determine the static susceptibility
(x, =~ (1.2—1.3) x 10~* ¢cm3/g) and the corresponding
exchange field (Hy;= M,/2y, = 680 kOe), which agree
well with the results of static measurements [4]. Using
the value of mode v,, we can calculate the anisotropy
constant of the iron subsystem (K, = 2.7 x 10° erg/g),
which agrees with the data in [17]. The temperature
dependence v,(7T) (Fig. 4a) can be described using the

molecular field approximation for the magnetizations
of the iron sublattices.

The second (low-frequency) AFMR mode, which
is controlled by the anisotropy in easy plane ab, has a
much lower frequency and does not manifest itself in
the frequency range under study. The mode frequency
increases in a magnetic field H L ¢; therefore, this
mode was detected in [17] at a fixed frequency by
sweeping magnetic field.

Generally speaking, when analyzing ferroborates
with rare-earth ions, one should consider two interre-
lated magnetic subsystems, whose dynamics depends
substantially on the relation between the natural reso-
nance frequencies of the subsystems. In the case of the
ferroborates under study (where the characteristic
electron transition frequencies in the rare-earth sys-
tem (wp) are significantly higher than the AFMR fre-
quencies of the Fe subsystem (wg.,)), we can assume
that the dynamic variables of the R subsystem at fre-
quencies on the order of g, immediately follow iron
ion spins and are determined by the corresponding
effective fields. As a result, we can exclude the R sub-
system at frequencies on the order of @, variables and
describe their contribution using an effective thermo-
dynamic potential depending only on the Fe sub-
system variables, which was used to analyze the
dynamic properties of other similar systems (e.g.,
orthoferrites) [19, 21]. If the exchange splitting (shift)
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of the R ion levels caused by the R—Fe interaction is
significantly smaller than the characteristic distances
between R ion levels m in a crystal field, we can write
the free energy as

1 a ~ o
©x D= Horl " Hep, “)
o=%

where )ZR is the tensor of the static magnetic suscepti-
bility of the rare-earth ion in the crystal field, Heiff =

H + H,,, and H, ~+(A,L,, A L,, A L) is the R—Fe
exchange field in which the contribution proportional
to ferromagnetic moment M of the Fe subsystem is
omitted because of M < L, and signs “t+” correspond
to two R sublattices. In this case, the anisotropy energy
can be described by effective anisotropy constant K.y,
which includes both the anisotropy of the iron spin
subsystem and the contribution of the rare-earth sub-
system,

1 1
@, = = Kp Lo — = (0 - xS0 L
2 2
1 (5)
2
= iKefsz.

This approach can be used to analyze the AFMR in
EuFe;(BO;),, since the ground state of the Eu** ion is
nonmagnetic (/= 0) and separated from excited mul-
tiplets by a significant energy interval (AF" ~ 400 cm™!
[22]) and its magnetic properties are determined by an
admixture of excited states (Van Vleck magnetism)
[23]. The increase in frequency v, in YFe;(BO;), as
compared to YFe;(BO;), (Fig. 4a) indicates an addi-
tional contribution of Eu®* ions to the anisotropy
energy. We assume that this contribution is mainly
related to the anisotropy of the Van Vleck magnetic

susceptibility of the Eu* ion [4], for which Xﬂ/ > X: g
[4], and easily explain the increase in the effective

anisotropy constant K. = Kp. + (xﬂ/ — x: V)Héu,Fe
(where Hg,_p. is the field of the isotropic Eu—Fe
exchange) by a positive contribution of the europium
subsystem. We now use the frequency and the contri-
bution of mode v, obtained above, the anisotropy of
the magnetic susceptibility of EuFe;(BO;), [4], and
the value of K. obtained above and find Hg,_p. = 140
kOe. The temperature dependence of frequency v, is
qualitatively similar to that of yttrium ferroborate and
is also described in the molecular field approximation
(Fig. 4a).

In the easy-axis state (L || ¢), which takes place in
ferroborates PrFe;(BO;), [12], TbFe;(BO5), [10, 13,
241, and Tb, 55Er, 75Fe;(BO5), [15], two AFMR modes
are excited in the polarization /# L ¢ [20], and their fre-
quencies (at H || ¢) are

o = y(J2H H + H), (6)
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where ijf = —K_ /M, is the effective anisotropy field,

which stabilizes the easy-axis state at K. < 0. In the
absence of a field, resonance frequencies are degener-
ate, ®, = 0" = ®~, and one absorption line is detected
in polarization 4 1 ¢ (Fig. 2); its contribution is deter-
mined by the transverse susceptibility of iron spins
Apy = 4my,.

According to the optical data in [11], the ground
state of the Pr** ion in PrFe;(BO;), in the crystal field
is singlet and the energy of the next excited state cor-
responds to 48 cm~!, which allows us to analyze the
AFMR in the iron subsystem using effective thermo-
dynamic potential (4) and anisotropy energy (5). The
contribution of the detected mode to the magnetic
permeability (Fig. 5b) gives the values of y, and Hj
that are close to the corresponding parameters of
YFe;(BO;),. With the frequency of the detected mode
(Fig. 5a) and the obtained value of Hg, we can find the
constant (K,;= —2.7 x 103 erg/g) and the correspond-
ing spin-flop transition field (Hy = [—K.g/x.]"? =
48 kOe), which agree well with the data obtained from
low-temperature magnetization curves [12]. Accord-
ing to magnetic measurements, the susceptibility of Pr

ions is strongly anisotropic and xfr > XTC, which is
likely to be the main cause of the change in the sign of
the effective anisotropy constant and the stabilization
of the uniaxial state. Nevertheless, we should not rule
out the contribution of the anisotropic part of the Pr—
Fe exchange revealed from the optical data in [11].

We found in TbFe;(BO;), a significant increase in
the AFMR mode frequency (Fig. 5a), which indicates
not only a change in the sign of effective anisotropy
constant K. but also its high value due to the anisotro-
pic contribution of Tb3* ions, which are polarized
along their Ising axis (coinciding with the trigonal axis
of the crystal). An easy-axis character of the magnetic
ordering in TbFe;(BO;), is supported by the fact that
the AFMR mode detected in the polarization 4 L c is
split into two modes in applied magnetic field H
(Fig. 2e), according to Eq. (6). The ground state of the
Tb3* ion in the crystal field is a quasi-doublet, whose
splitting is almost completely determined by the
exchange field [13, 15],

2A7, = 2uhHrpre = 2H2Tb(7huLz),
and the contribution to the free energy is
@y~ —NTkgln2cosh(Aq,/kgT),

where N is the number of Tb ions. Taking into account
a high value of this exchange splitting (2A1, = 30 cm™!
[13, 15]) as compared to the detected AFMR frequen-
cies (Fig. 5a), we can calculate them using the Lan-
dau—Lifshitz equations by allowing for rare-earth
contribution @, to the total thermodynamic potential
of'the system. For the resonance frequencies, this gives
an expression whose form coincides with Eq. (6) and
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the effective anisotropy constant in which contains a
negative contribution of Tb,

K.r= Ky — NAgytanh(Aq,/kg T) < 0.

The values of field Hz and y; for TbFe;(BO;), that
are determined by the contribution of the AFMR
mode to magnetic permeability Ap . (Fig. 5b) turn out
to be close to the corresponding values in the other fer-
roborates. Using these data and the values of AFMR
frequency o, at a low temperature and Kg, found for
yttrium ferroborate, we can determine the exchange
splitting,

28, = [x(0/7)’ = Ke]/N=30 cm

1

and the corresponding exchange field (Hy, p. =~

35 kOe), which agree well with the results of static
investigations [13, 15] (in particular, with the spin-flop
transition field [15, 24]. Note that it is impossible to
directly observe resonance transitions in the ground
quasi-doublet because of the Ising character of the
Tb** ion.

This picture of the formation of magnetic anisot-
ropy in TbFe;(BO;), is supported by the behavior of
AFMR in the dilute Tb ,5Er, 7sFe;(BO;)4 system. The
twofold decrease in the AFMR frequency detected in
it (Fig. 5a) supports the prevailing contribution of
Tb3* ions to the effective anisotropy even for their
fourfold dilution. The contribution of Er** here is not
very significant because of a smaller exchange splitting
(about 1.9 cm~' [10]).

This analysis of the magnetoresonance properties
of the ferroborates was performed without allowance
for a magnetoelectric interaction, since we failed to
detect the manifestation of the corresponding magne-
toelectric phenomena in the frequency range under
study. Nevertheless, we will briefly discuss these inter-
esting fine effects and analyze their observation condi-
tions.

The magnetoelectric contribution of the Fe sub-
system to the thermodynamic potential has the form
[1,2]

@y = —c(P.L,L,— P,L.L,)
—e)[P(Li— L)) —2P,L,L,] (7)
—coP.LL(L;-3L2),

where P is the electric polarization and ¢, , ¢ are con-
stants. We add @, and dielectric part &y = —P - E +

(1 /2)E)A(E E to the total thermodynamic potential and
use the equations of motion for dynamic variables M,
L, and P in order to determine the total linear response
of the system to an ac magnetic and electric field,

m=y"h+y"e, p= ()?me)*h+§(ee,

~m ~e ~me . .
where ¥, ¥ ,and x  are the magnetic, electric, and
magnetoelectric susceptibilities of the system, respec-
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tively. In the uniaxial state, these susceptibilities are
diagonal and have a resonance contribution,

X:cnx,nyXT = XJ_R(O‘))’
Ko = AL = AL+ AL R(®),

me . me io e
Xxx,yy =1L =— XLAXrotR((D)s
Mg

where Ayo, = Pf /|K.4| is the magnetoelectric contri-
bution of rotation to the electric susceptibility, P, =

cleLi, , xf = (g, — 1)/4n is the lattice part of the

electric susceptibility, R(w) = coé / (035 — 0% + i0A®),
and o, and A®w are the AFMR mode frequency and
width, respectively. The most interesting consequence
caused by the magnetoelectric susceptibility is the
appearance of two inherent right and left circularly
polarized electromagnetic modes characterized by

refractive index n, = ny, + 4ny|*, where ny = /e 1, ,

g, =1+4ny,,andp, =1+4ny], during their prop-
agation along the c axis. This leads to the rotation of
the polarization plane of a wave through an angle

AB,, = (od/c)dny’', where c is the velocity of light,

when it passes through a layer of thickness d. We now
use the data of magnetoelectric studies of PrFe;(BO;),
[12] and TbFe;(BO5), [15], which estimated P, at 1—

10 uC/m? (0.3—3 CGS units), and obtain the magne-
toelectric contribution to the permittivity and magne-
toelectric permeability of PrFe;(BO;), in the form

ATAY e 1.1(107°=10"%) and 4m\5,  AYro
0.88(10~*—1073), respectively. As a result, the reso-
nance angle of rotation of a polarization plane at an
AFMR frequency of about 4 cm™' is estimated at
AB,,, = 0.5°—5° for a thickness of 0.5 mm. Unfortu-
nately, our quasi-optical investigations of c-cut
PrFe;(BO;), in crossed polarizers did not reveal polar-
ization plane rotation, which is likely to be caused by
a relatively low magnitude of the effect and an insuffi-
ciently high spectrometer sensitivity.

The easy-plane state also exhibits a resonance con-
tribution to the electric and magnetoelectric suscepti-
bilities, which is also determined by the susceptibility

of rotation Ay, in the region of a high-frequency

(quasi-antiferromagnetic) AFMR mode and leads to
electrical activity of this mode (i.e., excitation by an
electric field), elliptical polarization of the corre-
sponding electromagnetic eigenmodes in a crystal,
and the rotation of the polarization plane of a propa-
gating wave. However, in contrast to the previous case,
all these effects are quadratic in small magnetoelectric
constant ¢;, which is likely to complicate the possibil-
ity of their observation. The manifestation of a magne-
toelectric contribution in the region of a low-fre-
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Fig. 6. Temperature dependences of the effective anisot-
ropy constants of easy-plane (R =Y, Eu) and easy-axis (Pr,
Tb) ferroborates: (points) values obtained upon the con-
version of the experimental AFMR frequencies and mode
contributions and (curves) theory.

quency mode seems to be more realistic; however, it
requires a separate investigation. Note also that, since
the rare-earth subsystem in a number of ferroborates
can significantly contribute to the magnetoelectric
interaction (polarization), one can expect a stronger
manifestation of the dynamic effects considered above
in the region of the corresponding rare-earth modes
induced by transitions between the energy levels of an
Rion.

CONCLUSIONS

When performing quasi-optical studies of rare-
earth ferroborate RFe;(BO;), (R =Y, Eu, Pr, Tb,
Tby 55Er, 75) single crystals in the submillimeter range
(v = 3-20 cm™!), we determined anisotropic permit-
tivity €', revealed its anomalies during structural phase
transitions, and detected and investigated AFMR in
the iron ion subsystem. We found a strong dependence
of the AFMR frequency on the magnetic anisotropy
and the character of the ground state of a rare-earth
ion in crystal and exchange fields. Based on the data
obtained for AFMR frequencies and the contributions
of modes to the magnetic permeability, we determined
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the basic parameters of the magnetic interactions in
the ferroborates under study (Fe—Fe exchange field
Hp, effective anisotropy constant K., effective R—Fe
exchange fields Hy_p., the exchange splitting of the
ground state of a rare-earth ion). It was shown that the
values of exchange field Hj are close for all composi-
tions under study and that the effective anisotropy
constants (whose temperature dependences are shown
in Fig. 6) differ significantly for compositions with dif-
ferent R ions. The determined exchange and anisot-
ropy parameters and the splitting of the ground state of
a rare-earth element agree well with the data of static
and optical measurements. It was shown that taking
into account a magnetoelectric interaction results in a
number of new interesting effects, whose detection
requires additional experimental efforts.
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