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ABSTRACT: We present an analysis of ultrafine metallic nanoparticles (1−15 nm) with
respect to electromagnetic field generation by plasmonic excitations. A number of structures
with different symmetries and geometries are studied in order to analyze the distributions of
plasmonically generated near-electric fields and the concentration of hot and cold spots around
the particles. The study is made possible by the recent development of an extended discrete
interaction model (Ex-DIM) where the explicit dependency of the plasmonic spectra on the
structure and composition of particles in the range of 1−15 nm is accounted for. With the Ex-
DIM, the optical response of the internal crystal structure of the nanoscale particles can be
visualized, thereby making it possible to predict the dependence of the generated local fields
with respect to the position of the particles relative to the external field polarization. The
results indicate rather surprising concentrations of the plasmon fields in very confined hot
spots also in cases when the particles retain a high symmetry. The consequence of the findings
of this study when using small symmetric nanoparticles for near-field imaging is briefly
discussed.

■ INTRODUCTION

The important features of nanoplasmonics are the combination
of a giant enhancement of electromagnetic fields in a wide
spectral range and their strong localization around nano-
particles. Plasmonic nanoparticles are frequently employed as
modifiers of the optical properties of various optically sensitive
objects and materials, such as molecules, their aggregates, and
quantum dots.1 At the same time, the properties of localized
plasmons critically depend on the shape of the nanoparticles,
which makes it possible to tune their resonance system to
effectively interact with light or with other quantum objects.
Such properties of plasmonic nanoparticles have enabled the
discovery of a number of new effects. First of all, giant local fields
near nanoparticles result in an increase in the Raman cross
section by 10−14 orders of magnitude, which makes it possible
to observe individual molecules and to develop methods for
determining their structure.2 Plasmonic nanoparticles provide
simultaneous enhancement of extinction and emission of light
and, thus, effectively replace fluorophores and nanoscale light
sources, including nanolasers.3−6

The localization of the strong local fields is known to be
associated with collective electron excitations generating surface
plasmon resonances (SPRs) that depend on the geometric
properties of the particles.7,8 The plasmonic optical response
thus depends on the material, the shape, and the size of the
nanoparticles which, in their presence, can be used to tune the
optical properties of a molecular dye located in the vicinity of the

surface of the metallic particle. The locally enhanced fields are
the basis for increasing the sensitivity of spectral methods for
determining the chemical composition of impurity materials up
to the level of single molecules.1,9 This fact also lays the basis for
a number of applications in bioimaging,10−12 nanosensing,9,13,14

nanophotonics,15−17 and medicine;18 see also works by Halas19

and Linic20 for further details.
The applications alluded to the above have been greatly

boosted by the advances in nanofabrication techniques, which
have made it possible to control the variation in the shape and
size of the particles and their material content.21 Traditional
technologies for the chemical synthesis of nanoparticles based
on colloidal systems have been complemented by fabrication
based on pulsed laser ablation of bulk materials in liquid media
and by the synthesis of self-organizing nanoparticles in gaseous
media, which have made it possible to fabricate nanoparticles
upon their deposition on a substrate.22−25 Furthermore,
technologies have been developed for fabricating nanoparticles
and synthesis of periodic arrays by both sputtering onto a
substrate from the gas phase through nanomasks and by
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directional etching of various shapes on the faces of single-crystal
samples.26−29

The tuning of plasmonic properties are well known for
somewhat larger particles (>20 nm); red-shifting, deep into the
infrared region, follows with size; blue shifting can be introduced
by alloying;30,31 multiple resonances can be introduced by non-
spherical particles with different aspect ratios;32 hot spots can be
triggered by field concentrations at sharp edges.7 For example, in
scanning tunneling microscopy applications, the plasmon fields
are mostly located at the very top of the tips, making an
ultrastrong field enhancement possible there.33 The plasmon
generation and the field anisotropy can be controlled by tuning
the structure of the nanoparticlethe simplest case here is
nanorods.32 All these aspects, which thus are supported by
modern controlled synthesis, have opened important perspec-
tives in terms of optical applications in a wide wavelength range.
The development of nanoparticle technology has, however,

been slowed by a concomitant development of theoretical tools
for the nanoparticle design with respect to plasmonic
excitations, which so far has been quite limited in the small
size region. Although there are developments “from above” by
so-called non-local finite-difference time-domain (FDTD)
theories34,35 and “from below” by quantum time-dependent
DFT models,36 there is still a size gap to fill. The large surface to
volume ratio and confinement of the mean free path of the
conduction electrons impose limitations to classical models
based on the bulk dielectric constant for their use toward
nanoparticles in the small size region, while quantum methods
effectively cannot reach beyond 1 nm with accurate functionals.
Here, in the gap region, discretization of the interactions is called
for down to the atomic level in ways that can describe the
dependence of the polarizability of the surface topology or
structure of the metallic nanoparticles. However, the original
discrete interaction models, assuming that the atom polar-
izabilities themselves are constant throughout the particle, are
also limited in application, especially concerning the depend-
ence of the polarizability of the surface topology of the metallic
nanoparticles and in studies of the polarizability of composite
nanoparticles.
An important contribution to discrete interaction models

going beyond fixed atom polarizabilities was given by Chen et
al.37 who presented a discrete interaction model where the
polarizabilities were made coordination-dependent. Recently,
we presented the “extended discrete interaction model” (Ex-
DIM),38 giving the possibility to simulate the geometric
dependence of plasmons of small nanoparticles. This is carried
out by replacing the frequency-dependent dielectric function
from the Clausius−Mossotti relation by a static atomic
polarizability times the sum of three size-dependent Lorentzian
oscillators with Gaussian charge distributions and atomic radii
that vary with the coordination number. The frequency-
dependent Lorentzian oscillators depend here on the plasmon
length along the three Cartesian directions using the concept of
the plasmon length as defined in the work of Ringe et al.39 As
shown in our work, the Ex-DIM, parameterized versus
experimental data, enables a good description of the polar-
izability of small nanoparticles with different geometries, thereby
allowing the dependency of the generated plasmon to a specific
structure of the nanoparticles to become unraveled.31,38,40

Employing the new possibilities that the extended discrete
interactions model offers, we intend with the present paper to
explore how plasmon-induced electromagnetic fields distribute
and concentrate for different kinds of geometric shapes and

symmetries of smaller (1−15 nm) nanoparticles. We are in
particular interested in how hot spot generation can be induced
by anisotropy effects, and the dependence of their strength and
size with respect to the symmetry of the particles and with
respect to the direction of the applied field.
New nanotechnologies have awakened interest in the study of

the properties of nanoparticles of various types, differing in size,
shape, and material.41−43 Furthermore, the conventional
discrete dipole interaction models, despite the atomistic nature,
have limited capabilities to describe the dependence of the
plasmon polarizability on the surface topology of the metallic
nanoparticles and to study the polarizability of composite
nanoparticles. Thus, the detailed field generation of smaller
nanoparticles has still remained an open issue.

■ MODEL
The Ex-DIM38,40 is a discrete structure model where each atom
is represented by a Gaussian charge distribution and endowed
with a polarizability, which govern the inter-atomic inter-
action.44−47 The Ex-DIM here improves the description of the
surface topology geometric dependence in comparison to older
discrete interaction models. The parameterization also differs
since the Ex-DIM is parameterized directly from experimental
data, noting that extrapolation of data from quantummechanical
methods and classical methods into the 1−15 nm size range,
where the Ex-DIM applies, does not appear to be feasible
currently.38

The Lagrangian is written in the usual form as the interaction
energy Eminus the charge equilibration constraint expressed via
the Lagrangian multiplier λ

i
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(1)

where N is the number of atoms, qi is the fluctuating charge
assigned to the i-th atom, and qtot is the total charge of the
nanoparticle. The interaction energy E[{μ, q }] in this way
captures all different types of interactions involving fluctuating
dipoles μ, charges q, and an external field.38 A coordination
number, as defined by Grimme,48 is assigned to each atom and
aids the description of the surface topology, which becomes
important when the surface to bulk ratio changes. The
coordination number fcn modifies the atomic polarizability
through the scaling of the radius
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In eq 2, Ri,bulk is the bulk radius of the atom, Ri( fcn) is the
coordination number scaled radius,38 αi,s,kl is the static atomic
polarizability,49 and L(ω, P) is a size-dependent Lorentzian. In
order to take into account the contribution of interband
transitions, we added a combination of two additional
Lorentzian terms in eq 2 with parameters taken from ref 50.
The size-dependent interband transitions are extrapolated from
the fit to the experimentally measured interband transitions.50

Since the experimental data for the larger particles (>10 nm)was
limited at 300 nm, the validity of the fit of the interband
transitions for particles for larger particles is also limited at 300
nm. Having two Lorentzians to describe the interband transition
can occasionally result in minor peaks in the interband as seen in
Figure 1.
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The geometric dependence of the SPR is determined by the
size-dependent Lorentzian L(ω, P)

L N L P L P L PP( , ) ( ( , ) ( , ) ( , ))x x y y z zω ω ω ω= + + (3)

where each Lorentzian depends on the plasmon length Pi
39 in

the given direction

P A P( ) (1 / )i i iaω ω= + (4)

and in this way, cluster size dependence and complicated
geometrical shapes, with up to three SPRs, can be simulated for
solid particles. Here, ωa and A are the atomic-specific resonance
frequency and size dependence, respectively, which are fitted
from the experiment.38

The frequency-dependent polarizabilities from the fluctuating
dipoles μ are determined by applying a weak uniform electric
field E

A Eμ = (5)

Here, A is defined as

A T(1 )ij ij ij ij ij
1 (2)αδ δ= − −−

(6)

where αij is defined in eq 2 and Tij
(2) is the electrostatic

interaction tensor between dipoles.51 Eq 5 is solved using the
generalized minimal residual iteration method with accelerated
convergence (LGMRES) since we were unable to converge the
conjugate gradientmethods with sufficient accuracy.52 Using the
LGMRES algorithm instead of inverting the relay matrix in eq 5
has resulted in a more than a factor 100 speed-up of the
calculation of the frequency-dependent polarizability. The time
per frequency for a 17,549 atom nanoparticle can in this way be
reduced to 44 s on a single 32 core compute node. The
extinction cross section was calculated using the following
equation

k
E

E
4

I( )
ext

0

0
2σ π

μ
=

· *

| | (7)

From the atomic dipole moments, obtained by the Ex-DIM,
the configuration of the electromagnetic field inside and outside
the nanoparticle can be calculated. According to the Lorentz
approach,53 the atoms immersed in a vacuum create an electric

field, called the microscopic field, which is the total field created
by the dipole moments of each atom taking into account the
Gaussian charge distribution

dE r E T r r d r r( ) ( ) ( )
i V

i0
3∫ ∫ ∫∑= + − ′ ′ ′

(8)

Here, E0 is the external field, di(r) is the distribution of the i-th
particle’s dipole moment, r is the radius vector, and second-
order tensor T reads as follows

r
r

T r
r r I

( )
3 2

5= ⊗ −
(9)

where I is the unit tensor.
Using eq 13 in ref 54, where Rμ

j→ 0, an explicit expression for
the field is given as
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The core module of the field calculation program is designed
in pure C programming language as the dynamic library for the
highest multi-thread efficiency and frontend module in Python.
The program is capable of calculating high-resolution 3D
complex field maps and storing them in open-source spatial data
format VTK (Visualization Toolkit) as a structured grid.55 The
atomic structure of the nanoparticles was obtained from an ideal
face-centered lattice by cutting out a stereolithography file that
defines the shape of the particle using the open-source Paraview
software.56

To verify the optical properties of the nanoparticles obtained
with the Ex-DIM, we employed a commercial FDTD package,57

where the FDTD simulation utilized a plane wave illumination.
Perfectly matched layer boundary conditions were used on all
sides of the simulation cell and the total field scattered field
(TFSF) technique was utilized to reproduce infinite space. The
absorption cross section has been calculated with the set of
discrete Fourier transform (DFT) monitors surrounding the
particle inside the TFSF region while the scattering cross section
is obtained with the monitors surrounding the entire TFSF
region so that they read only the scattered field. An adaptive
mesh has been used to accurately reproduce the particles’ shape.

■ RESULTS
As a start, we will examine spherical Au plasmonic particles since
these are well known and can be used as objects for verification
and correlation with calculations by FDTD and experimental
data for moderate-sized particles along with the parameter-
ization approach of the Ex-DIM. This is followed by a
characterization of plasmonic nanoparticles of arbitrary shapes
and analysis of plasmon extinction spectra and distribution
patterns of the local electromagnetic field in the vicinity of the
particles.
The comparisons with experiments often show that classical

electromagnetic theory works well provided that there is a good

Figure 1. Extinction cross-section spectra for spherical Au nano-
particles of different sizes in an aqueous medium calculated by the Ex-
DIM (solid lines) and by the FDTD methods (dashed lines).
Configuration of the local electric field calculated for spherical particles
with r = 4.3 nm using the FDTD method (b) and Ex-DIM (c) for Au
spherical particles at the wavelength λ = 525 nm.
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measurement of the particle structure and provided that the
complex dielectric environment is properly characterized and
modeled (see Figures 1−3). However, this contention applies
only when the considered particles are large enough that the size
dependence of the dielectric constant is not an issue, and for
smaller particles this will indeed be an important factor.
Furthermore, the conventional discrete dipole interaction
models, despite the atomistic nature, have limited capabilities
to describe the dependence of the plasmon polarizability of the
surface topology of the metallic nanoparticles and to study the
polarizability of composite nanoparticles. Thus, the detailed
field generation of smaller nanoparticles has still remained an
open issue.
Figures 2 and 3 demonstrate the features of the plasmonic

extinction spectra of Au particles with complex shapes modeled
with the Ex-DIM. The figures show strong deviation from
Lorentzian surface plasmon extinction spectra typical for ideal
spherical particles. The deviation from the Lorentzian surface
plasmon extinction spectra is especially seen in particles with
complex shapes and sharp edges. These shape features can
significantly change spectra which acquire a multimodal
composition.
Spherical Particles. The extinction cross sections of

spherical nanoparticles shown in Figure 1a and the field
distribution in their vicinity in Figure 1b,c are largely
interrelated. The absence of sharp edges manifests itself in
smooth gradients of the local field strength. Figure 1c shows the
fine atomistic structure of the local field distribution. Hot spots
arise only at poles in the direction of polarization of the incident
radiation.58 A cold area emerges around the equatorial part of a
sphere, the origin of which, apparently, has an interference
nature under conditions which can be destructive between the
external and the plasmonic fields. Spherical particles are

characterized by a smooth Lorentzian form-factor of the surface
plasmon extinction band due to the symmetry of the particle. In
cases of symmetry breaking, as for nanorods or prolate
spheroids, the spectra are characterized by two maximaa
weaker transverse and an intense longitudinal polarization (in
the case of a transverse size less than 2 nm, the resonance of this
configuration is not observed).38

Non-Spherical Particles with a Complex Shape:
Plasmonic Extinction Spectra and Local-Field Distribu-
tions. Besides the most widespread studied spheres and
nanorods, non-spherical particles arise during experimental
synthesis and can be used in various applied problems. The
sources of the distinctive features of extinction spectra of the
nanoparticles of a complex shape are the sharp edges with a
minimum radius of curvature, in which the electron density
considerably increases in the field of an electromagnetic wave
that causes significant enhancement of the local field (Figures 2
and 3).

Hemispherical Particles. The extinction spectra of Au
hemispheres in transverse (X, Y) polarization in Figure 2a
noticeably differ from spherical particles (Figure 1a) in the
position of the plasmon resonance, which is shifted to longer
wavelengths by about 100 nm. For longitudinal (Z) polarization,
extinction decreases and is accompanied by a blue shift of the
extinction, which coincides with that for the sphere. In addition,
the structure of the local field differs from the classical picture of
the dipole field of a sphere (Figure 1) due to the presence of a
sharp edge around the bottom of the hemisphere. The available
experimental data for the plasmonic Ag hemispheres59

demonstrate the same tendencies and general similarity.
Toroidal Particles. Toroidal nanoparticles are well

described in the literature60 and are characterized by a smooth
and wide extinction curve, shifted to longer wavelengths

Figure 2. Extinction cross-section spectra of Au nanoparticles and electric-field distributions at the resonant maximum for different shapes: (a)
hemisphere, (b) torus, (c) cone, and (d) truncated cone. The color designation of the wavelength in each frame corresponds to the color of the spectral
curves obtained for different polarizations. All nanoparticles contain approximately the same number of atoms ∼104. Geometrical parameters of the
particles are specified in the text.
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compared to spheres with similar widths. The spectral features
are also similar to the spectra of nanorods in the case of
longitudinal polarization. In experiments, nanotori60 demon-
strate one broad resonance in the visible range. In the Ex-DIM,
we, however, clearly notice two resonances as shown in Figure
2b where one resonance is in the near-IR range and the second
one is in the short-wavelength range of the visible range. Rings
(or tori) of the size given in Figure 2b with Rout = 6.66 nm and rin
= 3.9 nm have not yet been explored experimentally to the best
of our knowledge. However, a seminal paper on rings of the size
of ca. 60 nm with varying thicknesses of the ring walls was
presented in ref 61, including experimental plasmonic spectra as
well as classical calculations of spectra and fields. A substantial
red shift of the extinction maximum could be recorded from ca.
1000 to 1400 nm as the ring thickness was lowered from 14 to 9
nm. The same tendency was observed in the work by Mary et
al.60 The spectra for the rings can be analyzed in terms of strong
electromagnetic coupling between the inner and outer ring walls
when the thickness is small compared to the ring radius. This
leads to a scheme of mode splitting, characterized by symmetric
and antisymmetric mode branches, similar to the case of hollow
metal particles that we studied by the Ex-DIM in ref 61. We note
that for the torus shape, the shielding effect of the depolarizing
field inside the torus is not observed, which would occur in the
case of an enclosed nanobubble.40 This is especially pronounced
in the calculation results obtained by the FDTD method.40

The distribution of the fields inside the nanoparticle features
cold spots at the poles along the polarization of the external field
and hot spots in the orthogonal direction (see, e.g., ref 62). At
the same time, the inner cavity is characterized by a constant
depolarization field amplitude. This pattern coincides in general
with the larger ring particles studied in ref 61. We note that the
physics behind the appearance of cold spots refers to the
interference between the applied field and the plasmonic field

and that the symmetry of the field and particle system can be
lower than the symmetry of the particle itself.

Conical and Truncated Conical Particles.A characteristic
feature of the extinction spectra of conic particles in longitudinal
polarization (Z) is a splitting of the extinction band in the
wavelength range, covering the long-wavelength part of the
visible and near-infrared range (Figure 2c). In the transverse
polarization (X, Y), there is a single maximum with a large
amplitude, which is close in position to that for a hemisphere.
The local field distribution is very inhomogeneous and, as

expected, is concentrated for different polarizations around
sharp edgesaround the bottom edge for X, Y-polarizations
and is especially pronounced for Z-polarization in the vicinity of
the tip of the cone, Figure 2c. These strong fields appear to be
spatially limited and outside these hotspots, the field amplitudes
decrease rapidly and even create cold spots due to destructive
interference between the generated and the external fields. The
distance between hot and cold spots is only of the order of 1 nm,
which poses extreme geometric requirements when conical and
triangular particles of this size are used as high-field
concentrators for detecting impurities in surrounding media. It
is noteworthy that a more preferable shape of the field
concentrations can be obtained using two cones directed
toward each other, connected by bottom parts with a ring or
torus as a large reservoir of conduction electrons. In this case, we
predict a maximum enhancement of the field between the tips of
the cones due to the redistribution of conduction electrons in
the real particles at the tips with the maximum achievable
concentration.
As for the truncated cone in Figure 2d, its extinction spectrum

for longitudinal polarization (Z), in contrast to the spectrum of
the original cone, is transformed into amono-resonant peak with
a large amplitude. The presence of two peaks for transverse
polarization (X, Y) is due to two characteristic dimensions,

Figure 3. Extinction cross-section spectra of Au nanoparticles and electric-field distributions at the resonant maximum for different geometries: (a)
truncated double cone, (b) nanotube, (c) tetrapod, and (d) cross-shaped particle.
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namely, the radii of the upper cut and the base of the cone.
Attention can be drawn to the high localization of the field near
the sharp edges around the base and the top.
Truncated Double-Conical Particles. The truncated

double cone in Figure 3a has a general resemblance to the
truncated cone shape particle discussed above. However, despite
this fact, their optical properties differ significantly. The
truncated version of a double cone was chosen due to available
experimental data on bipyramidal nanoparticles and biconical
nanoparticles with blunt tips.7,42 However, there are no
experimental data for this shape with sharp tips. In longitudinal
polarization (Z), we find in the extinction spectrum a mono-
resonant long-wavelength extinction band with a large
amplitude and a maximum at a wavelength of about 1000 nm.
In transverse polarization (X, Y) for large values of the aspect
ratio, the maximum lies near 450 nm and its amplitude is much
smaller than that of the longitudinal polarization. In the case of
small values of the aspect ratio, the amplitude of the extinction
band grows in the transverse polarization direction; simulta-
neously, it decreases for the longitudinal polarization.
Importantly, the position of the maximum in the extinction

spectrum of the double cone strongly depends on both the
radius of curvature of the tips and the aspect ratio of a particle.
The larger the aspect ratio, the larger the red shift of the
extinction maximum. The more the tip of a cone is cut off, the
more the extinction spectrum maximum shifts to the short
wavelength range. A less pronounced effect of the size of the
double cone particle on the position of the maximum is also
observed.42 As the particle size is reduced, themaximum shifts to
the short-wavelength range, and its amplitude decreases. Both
FDTD theory and experiment presented in ref 42 applied to
large bipyramids (or double-cones) suggest that a larger radius
of curvature, where “radius” is the radius of a cut rounded tip,
results in a blue-shifted longitudinal LSPR peak, in fact in a linear
relationship if the length of the bipyramid is constant.
Conversely, particles of constant radius of tip curvature will
see red-shifted longitudinal resonance peaks for a longer particle
length. Although here we deal with a much smaller size, these
results confirm the great sensitivity to how the tip of the cone is
cut.
Figure 3a shows the spatial distribution of the electric field in a

truncated double-cone Au structure. As expected, the field is
strongly enhanced in the vicinity of the sharp tips, while it is low
near the central part of the structure. Nanoparticles represented
here are examples of structures in which most favorable
conditions arise for strengthening the local field near the tips.
In the classical interpretation, the maximum concentration of
conduction electrons is reached in the tips, which creates a
maximum field strength. The smaller the volume of the tip and
the smaller its curvature radius, the higher the field strength for a
longitudinal polarization of the field.
Tubular Particles. Au nanotubes offer new potential

advantages that can be exploited in theranostic applications
that integrate targeting, imaging, and therapy into one
platform.63 Thus many applications of Au nanotubes have
been used in biosensing, protein transportation, photothermal
therapy, and imaging.64 First, open-ended nanotubes have large
inner voids considered as containers that can be filled with
suitable drugs for targeted delivery in methods of chemotherapy.
Second, compared to their spherical counterparts, the elongated
nanotubes have extinction bands in the spectral range of
transparency of hemoglobin that makes it possible to use them
for laser photothermal therapy and hyperthermia of malignant

cells. Besides that, nanotubes65 have been shown to have great
potential for SERS probing and they may be used as nanofluidic
devices to transport solutions to or from cells.
These advantageous features of nanotubes warrant a thorough

study using Ex-DIM techniques to optimize their sensing
capabilities; however, as we consider many geometric shapes in
this paper, we study here only one particular Au nanotube with
an outer radius of 3.4 nm, an inner radius of 1.56 nm, and a
height of 6.8 nm. Figure 3b shows that the extinction band
maxima in the spectra of this nanotube for longitude (Z) and
transfer (X, Y) polarization lie in the wavelength range larger
than 660 nm, which corresponds to the short wavelength border
of the hemoglobin transparency range.18 As in truncated cones,
the local field in nanotubes is concentrated around the outer and
inner sharp edges.

Tetrapodic Particles. Nanoparticles in the shape of
tetrapods are of particular interest due to the possibility of
generating a multimode response because of the presence of
several resonator configurations. A tetrapodic nanoparticle is
similar to a combination of four rods connected together at one
end and oriented at 120° to each other. If classical electro-
magnetic models were applied to such a figure, one would expect
the mutual influence of these limbs on each other, which would
inevitably be reflected in the extinction spectrum. This mutual
influence will be similar to the interaction of closely spaced
plasmonic nanorods in external fields. However, the calculation
shows that all three orthogonal orientations have approximately
the same response in Au structures, which is clearly seen in
Figure 3c. The field configuration for the resonance wavelength
λ = 939 nm is shown in Figure 3c. The main features of the field
enhancement pattern in tetrapodic nanoparticles refer to the
strong field localization near the limbs oriented along the
polarization of the external field, while in the orthogonal
direction a cold spot can be observed.

Cross-Shaped Particles. Figure 3d shows extinction cross-
sectional spectra for small cross-shaped Au nanoparticles. In
general, cross-shaped nanoparticles demonstrate a broadened
resonant band in the visible red or near-IR part with transverse
(X, Y) polarization. With longitudinal polarization, we find a
much narrower maximum located at λ = 583 nm with
comparable amplitude.
The configuration of a local field in a cross-shaped Au

nanoparticle at a maximum extinction wavelength of λ = 575 nm
(Z) is shown in Figure 3d. The field shows pronounced cold
spots at a distance of several nanometers observed in the Y-
polarization.

■ DISCUSSION
In the present work, we capitalize on the recent development of a
discrete interaction model (Ex-DIM) where the explicit
dependency of the electromagnetic field-generated plasmonic
excitations versus structure and composition of particles in the
range 1−15 nm is accounted for. Earlier predictions of spheres,
rods, and hollow particles using this model are complemented
here by a number of other structures with different symmetries
and geometries and, in particular, by predictions of the local
distributions of the plasmonically generated electric near-fields
for all these particles. Comparison with the FDTD solutions of
the Maxwell equations was made for spherical particles. In
general, we confirm that also for very small nanoparticles, one
observes field localizations and charge concentrations at surfaces
and close to sharp edges. However, the Ex-DIM predicts that
such localization is spatially very confined, even for high
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symmetry particles, and that outside such fine hot spots, the field
amplitudes rapidly decrease and even generate cold spots as an
effect of interfering external and generated fields. The distances
between hot and cold spots are only of the order of 1 nm or even
less, thus putting extraordinary geometric requirements when
particles of this size are employed as strong field concentrators.
Local fields near one tip can be additionally enhanced by the tip
of the neighboring particle. Such a situation can also be realized
within a separate particle of complex shape having two tips
pointing toward each other and attached to a common base.
This will be the subject of a specialized future study.
A strong point of the Ex-DIM is the possibility it gives to

further study the optical response of nanoscale particles and
taking into account their internal crystal structure. This makes it
possible to predict the dependence of the generated local fields
with respect to the external field polarization, something that is
not possible with the commonly applied classical models.
Similarly to the ultrasmall local hot and cold spot generation,
this aspect has an important bearing on the use of small
nanoparticles for monitoring defects and molecules. We can
here refer the current possibilities for local plasmonic-enhanced
Raman images of a single molecule with subnanometer
resolution obtained by the tip-enhanced Raman scattering
technique.9 When the spatial distribution of the plasmonic field
is comparable to the size of the molecule, the optical transition
matrix of the molecule becomes dependent on the position and
distribution of the plasmonic field, resulting in spatially resolved
high-resolution Raman images which reflect the electronic
transition density of the molecule. The physical origin of these
images would be understood from the coupled Ex-DIM−
quantum mechanics description of the interaction between the
molecule and the highly confined plasmonic field, accommodat-
ing Raman theory modified for position-dependent electric
fields.14 The plasmonic particles and their confined super-
enhanced fields and hot spots could so be designed in the
subnanometer scale for obtaining optimal Raman signals and
spectra.
It is clear that a limitation of the FDTD method is the use of

bulk epsilon constants even for these smaller nanoparticles.
Although some corrections for this has commonly been
introduced as “quantum corrected” dielectric constants, still
the fact that the “true” dielectric constant varies over the particle,
for example between the interior and the surface, is ignored. This
has motivated us to develop an effective method, which merges
the Ex-DIM and FDTDwhere local, atomic, dielectric constants
generated by the Ex-DIM are introduced into the FDTD code
a demonstration of that will be presented in a forthcoming work.
The Ex-DIM method thus allows considerable flexibility

toward structural dependence, as we also have proved in two
earlier papers for rods and hollow particles.31,40 This goes for
several other structures now including the generated fields also,
as presented here. An interesting extension of the present work
including also the explore how to explicitly relate plasmon
appearance to the internal particle structure, in addition to size,
shape, and material content. The Ex-DIM has the inherent
capability to explore that aspect as well as the role of temperature
chaotization of the crystal parameters and the role of line shape
broadening. It is thus clear that the area of plasmonic generation
in small nanoparticles still remains wide open, concerning both
further method development and applications, two aspects that
we intend to work on in the future.
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