


Abatract

Porarization effects are considered in the colliding Y€
and }”’ beams, which are proposed to be obtained on the base
of the linear e'e” colliders (by backward Compton scattering
of laser light on electron beams).

It is shown that using electrons and laser photons with
guch helicities A and B: that ,ﬂe ¢ (] essentially improves
the monochromatization. Characteristic energy of laser flash

Au , whicih is necessary to obtain the conversion coefficient
k~¢ et a definite monochromatization degree, is congide-
rably lese (sometimes for one order of magnitude) in the case
2AP. =-1 co.trary to the case AP=0 . Simultaneously

the luminosities L;E and LJ"J’ esgentially increase.

Formulae are obtained which allow one to extract the po-
larization information ebout the Y€ X and fy=+X reactions.
Peculisrities connected with the specific scheme of the ¥
beam preparation are discussed.

Problems of the calibration of the ye ~and yJp collipi~-
ons for the polarized beams are discussed.

1. Introduction

1t was shown in refs. [1,2] that using the designed line-
ar e'e” colliders VLEPP [3] and SIC [4] one can obtain colli=-
ding Y€ and yy beams with approximately the same energies
( >, 100 GeV) and luminosities (~ 10°° - 10°2 cm™2s™ ') as in
the e*e™ collisions. The necessary intense Y beams are sug-
gested to be obtained by Compton scattering of laser light
which is focused on electron_ beams of these accelerators. A
gimilar scheme was also proposed later in ref. [5] (this paper
contains, however, some inaccuracies). In ref. {_6] a free
electron laser of the same beam is suggested to realize the
scheme which has been proposed in ref. [1] «

cm

The present paper is the continuation of ref. [2] and
deals with the polarization effects. It is naturally divided
into two parts.

The result of sect. 3 seems to be the most important.
When laser light and electrons with opposite helicitles are
used, the produced photon spectrum becomes harder. As a re-
pult, high enough monochromatization degree of the )€ and

i1 collipions can be obtained at relatively small energy of
the laser flash (in comparison with the case of the nonpolari-
zed beams).

Varying the polarizations of the initial beams one can
obtain the polarized y beam snd therefore study all polari-
zation effects in the l"E""x and ”'-;X reactions. These
effects are considered in sects. 4-7 where we focus the atten-
tion on two main problems: :) under what conditions the in-
formation on the polarization dependenct of crose sections
can be extracted in the most reliable way; 2) when can one

‘neglect complications connected with polerization (such a

complication takes place even for the nonpolarized initial
beams).

The problems of calibration for polarized beams are
discussed in appendix 4.



2, General scheme and bapic notatione

Let us remind the main features of the scheme proposed in
ref. [1]- The high energy photon is obtained by backward coat-
tering of a laser photon with the energy LduA- 1 eV on an elec-
tron with the energy E ~ 100 GeV. Almost all high energy
photons travel at very emell angles to the direction of an in-
cident electron 8 € 1077 - 107 ' rad.. We assume that the col-
ligion of electrons and laser photons is the head-on one (at
small beam collision angle o, «{ - see fig. 1 - the o, -
- dependence is negligible).

The energy of a scattered photon W decreasges when its
emigsion angle F increases

W X mflf "
e . s . = — . D e

Here W, is the maximum energy of the gcattered photon (at
@ =0).

“EW, (1)

In the interaction region a photon deviates from the
initial electron trajectory by the distance ~ 59‘, where
is the distance between the conversion point C and interscti-
on point 0 (fig. 1). As a result, the ) beam area in the
interaction region increases for the value A Seﬁ; "-'.’.-'}"{/55,)1
in comparison with the area Sqq -Jr'q: which the electron
beam would have had here:

ASepr ot = (3_&)2. (2)
?;ﬂ. =l

While p <1 ( g..‘.':; 10 cm) the photone with different energies
are mixed in the interaction region. With the increase of p
in the interaction region the hard photons (which have the

. emallest emission angles & ) get smaller traneversal size
than the softer ones, and the relative contribution of hard
photons inte luminosity increases. The collisions become more
monochromatic, and the spectral luminosity distribution
dL/dW imprazu {w is the invariant mass of the [€ or
Yy system, Wy, =4wE, W;,,:-?w W , tilde denotes the
quantities related to the second beam). The monochromati-
zation degree lz is determined (see ref. [2] ) as & ratio of
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the range of invarient mass AW that conteins half of the
luminoegity to the maximum value WM

W
W i *f= - rr: }
T de =il (WE, W= 20,) O
W-aW
"y

The quantity % strongly depends on the value J"' .

For the neodymium glass or garnet laser (W, = 1.17 eV)
the energy interval considered E = 50 - 500 GeV corresponds
%0 X = 0.9 - 9. As a rule, the examples are given for the
middle X = 2.69 which corresponds to the sbovementioned la-
ger and E = 150 GeV or E = 50 GeV and W, = 3.51 eV (the same
laser with frequency tripling).

3, Improvement of the monochromatization of the

_ k€ and Yy collisions uping laser and electronm
beams with opposite helicities polarizations

1. The energy spectrum of scattered photons is
{do;/,{w)/a’c where (, 1s the Compton croes section. For the
nonpolarized beams this spectrum is rather broad - see curve
@ in Pig. 2. For the polarized beams the specirum only va-
riem if both electrone mean helicity A end laser photons one
P. are nonzero (see i.e. [7]) '

Ldo%:!" | :..mil-_f._q. o il
T dy fxy) g xmg (i3 1=y~ 42(1-1)- AP ’IK(I!-J)‘(-‘E-B}],
; (4)
e i
H E ‘5 :{h'.' E . xef / L III-H) 's' 1.

The total cross section is=

P
o = G'r !

e T
i : {
ol @ e R e
ﬁ;"P - —""Ti'nr; (‘f“"";" & "ET)""‘?{“ ‘fJ 2 i T ] )
¢



G":

z:.rro:il'*g- i e y
x'“éf 5 x)%(“f) DRMTY Ry S

In the region under consideration ¥ = 0.9-9 the ratic

(6, ("] ¢ 0.17 and & =0 at X= 2.5, Therefore, the to-
tal croes section §, deviates from that for the nonpolarized
beams 0,"f very slightly.

Contrary to the total Compton cross section the energy
spec trum does eppentially depend on the value .LE._. + At
M P <0 the number of the hardest photons increases while
the number of the poft photons decreases {(see the curve 5 in
fig. 2). In other words, when ( - JLR_. ) increases the effec-
tive "pumping® of soft photoms into hard ones arises. In the
limit 20 E: =-{ the number of the hard photons nearly doubles.

This fact results in the essential improvement of the mono-
chromatization of the Y€ and 194 collipions.

On the contrary, at .ch >0 the nunbar of th& hard
photons decreases (see the curve ¢ in fig. 2) and the possi-
bility of monochromatization becomes worse.

2. Let us congider the dependence ug the spectral lumi-
nosity dL/d& and the monochromatization 3) on the value
J.R: at different _f" (2).

At ¢&{ we have for the ye -collisions dlye [dW «<
w{(;,w‘ﬂ,f‘) y iee. fig. 2 also shows the improvement of
the dlye/dW aistribution with the increase of (-2L ).
The corresponding curves for the [} collision at pl«d
are shown in fig. 3. It is peen that the spectral luminosity
dly, [dW 1in the hard part of spectrum increases conside-
rably at L =23 =-1.

This effect becomes stronger whony" increases. It is
due to the fact that the growth of the distance £ vetween
converaion and interaction pointsvaccompanied by the removal
of soft photons from the interaction region. Therefore, the

d

relative role of the hard photons ia increased. It 1a meen in
fig. 4 where the spectral luminosity dﬁg; /dW at different
?1 is shown. At SJ":' fixed and AE; {0 the monochromatization
degree ) ig better and the total luminﬂaitj' L 4ia larger
than in the case of nonpolarized beams. These improvements are
seen in fige. 5 and 6 where 5 and L are shown at 2AP= -1
end AP =0 both for the € and Jy collisions. All these
quantities are calculated using spectrum (4) (see egs. (25)
and (33) below) and assuming, as in ref. [ 2|, that the elect-
ron beams are axlal symmetric ones with Gaussian distribution
of density (cf. (24)).

3« The moet cruciel gquantity which determines the resli-
ty of laser converesion of electrons into photons is, apparent-
ly, the laser flash energy A (for the definite repetition ra-
te ¥ ), because the conversion coefficient k (L.e. the avera-
ge number of high energy photons per one electron) 1s determi-
ned by the relation

k= A/A, tat ALA Y. 1)

The quentity A, is caloulated in ref. [2] for different as-
sumptions about beam parameters.

In figs. 7 and 8 shown are the dependences of the cha-
racteristic energy "‘n*} and the luminosity 4/ on the moncche
romatization degres é for the ye and &y ¢ollisions at
2Af.=-1 and 0. For the definitenese the calculations have
been done here for NMd laser (W, = 1.17 V) end £ = 150 GeV
{ X = 2.69) using the VLEPP parameters (see table 2 in ref.
{2])e I% 10 seen that the polarized besms give a large advan-
‘39804-

S0, in the € collisioneg for the monochromatization
degres ) .= 10% the quantities A, = 15 J, e = 0.8 klee
at E.hﬂ: = =] gnd "‘ox' 40 J, L;E a 0.5 klhee at Jc?c a0,

% The energy Ao is calculated eccording to egs. (16) and
{22) from ref. [2] assuming that the laser focal spot radius
@, is equel to the electron beam radius in the conversion
refion 1 at 1¢) 204m end ? = 20/4m at “e< 20 xm. Note
that the permipsible Quration Jf the laser flash 7 ° increa-
ses when ¢ increasem: t'-(,‘ ° .



In other words, using polarized beams with LIE =-1 one
can get good enough monochromatization and almost total per-
missible luminosity, for the laser flash with the energy clo-
se to the minimum one in fige. T. Therefore, at the same lasger
flash energy AL 45} the luminosity at .‘c'.J'-Pc‘—'*-f is four
times as large as that at .hPf!? .

For théﬁ%ollisicnﬂ at i}Ecz'-{ the asymptotic monochro-
matization degree ?:’{_?.m] improves for nearly two times. For
1}_&:-—1" the monochromatization degree 2” = 10% can be ob-
tained st not very large energy Ao = 160 J (while L”, =
= 0.18 k'LEe}' Meanwhile, for )sf’,_. = 0 the value 2;; = 10% is
close to the asymptotic one, i.e. the corresponding value of
A, is very large and Ln. is very small. If one CIIG'DBEE!

b = 15%, the quantities Ao = 50 J, Ly, = 0.31 k Iy, at
2AF, = -1 and Ay = 250 Jy Lyy = 0.08 k Lg, at\Pc = O.
Therefore, at the same laser flash energy A £ 50 J the lumi-
noeity at 2 » Pg = -1 is 100 times as large as that at

APy = 0.

Por the SIC at E = 50 GeV we have x = 2.69 for the Nd
laser with frequency tripling. Therefore, the dependences
er(iﬂ] and LH['!Z",) are the same as in figs. 7 and B.
However, because of the other parameters of the system the
characteristic energ (@s of the laser flash Ao are approxima-
tely 5 times as large as those in fige. 7 and 8. Using
E = 50 GeV and the Nd laser without frequency tripling one
can obtaine % = 20% at Ao = 120 J and 400 J (while
Lnlﬁ’ﬂe a 0.26 and 0«1) for 2 A Pg = =1 and O corresponding-
ly.

In the casge under congideration the colligiong are dee-
cribed by other than luminosity quantities connected with
the beam polarizatioﬁa- They are considered in sectis. 5=Te

4. ¥ beam in the interaction region

L")

1. Let us choose the reference system where 2 axis is
directed along the initial electron momentum. All the azimu-
thal angles are definited relative %o one fixed x eaxim. We
shall call it laboratory system.

8

Let ¢ and Y be the polar and seimuthal engles of the
emission of the final photon with momentum K in this system.
The polarization Ftata of this photon is determined by St&l:u

parameters 'SE s L = 1,2,3 relative to the laboratory system

- exes, among them § is the mean helicity end f= ;f’-q- I 1s

the degree of the linear polarization. Por the convenience we
also introduce }oaf . :

The polarization state of the initial electron is deter-

mined by the polarization vettor i;. y 1ts longitudinal compo-
nents

Sn=%;=2A (N

were N\ is the mean electron helicity, ite transverse compo-
nents is ¥, .« Below the quantity

2 = 31{&1'/’"{ = 2% 1’_{:*1}9{!.-9) (8)

_Eil}. appear, where E is the transverse component of vector

The polarisation state of the laser photon is determined
by quantities E, » Pi and y where Py is the circular pola-
rization degree or mean photon helicity, Py is the linear po-

larization degree and Yy is the szimuthal angle of the direc-
tion of the meximum linear polarisation.

2. Using the results of refs. [8—10] we obtain (see ap-
pendix B) the differential Comptom cross section and the Sto-

kes parameters ;i for the high energy photons in the labora-
tory system :

die _ Im & ddc _ ot
vy T I iz i B %
5; - ?:' /ﬂ . o
T 1 ; | (1)
$ = éﬁ(@-. wsny + Sis Wany); j=o435.
The items of %' which do not depend on ¢ are equal
Coo 2 5 » #9-420-2) - 20P xx(22-1)(2-9) ; i
12

C* Ilf‘P‘ H‘ﬂ” : C“ =11"’£ m’r;
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Cza = 23 “'[x[ﬂ-['f—y)fl*r-ﬂ"] o (21-#)(59 +i-9), (12)

To write down of the rest itema, we introduce instead of the

real quantities c:f" and the complex ones:

jn
Ajn = C.-]'n +UPjn ;  [TO4L3; n=1,2,34, (12
After that we have
. o il el = : 2y~ -
aﬂj—riml*[ Ee’. :_; E’{ (h-;)e"igw‘ U.) -g—(i’"”]
Ay : ) f-h‘ )
Ajﬁ-q*r.{f—'t)[ﬂ? ; i xBy ez.;; 1] ; (14a)

Aj.’r =-l'-§'ll E, 2 (1-1) E’iri‘“ﬁ) [F; ol gt 0] !
Ay =28 (-0 e [o;i;0,¢]

Note the useful relation

RSt A, (14b)
One can prove (see appendix B8) that
]Clg Ié C;# + ’AJHlH{EQg, (14c)
When Y.y, . the coefficients C},. and SJ"‘ vanish
n/2
25 Sin = =9)"" | youm. (15)

The energy spectrum of the potons (4) follows from
eg. (9) after integration over y

x
fx,y) =::,da; b s (9a)
L

For the nonpolarized electron and laser beams we have

}'1 i fmz? & e e baszp , [= “ﬂ")/fﬂ-!f:f-s-#‘lfﬂ'}.f?' :

i.®8. the high energy photons are linear polariged in the dl-
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rection transverse to the scattering plane, and degree of thie
polarization [~ ('J-."‘.f) at YorYm

3. To obtain the luminoseity of the y€ and Ly collisions
one should know the photon distribution over the distance
E’z ;EJ_ from the beam axie in the interaction region. Therefo-
re, it is necessary to consider the photon motion from the con-
version region to the interaction region (at the distence b).
The photon with the energy W=yf was emitted at the angle
F= 9,m to the initiml direction of the electron mo-
mentum. Let Y be the azimuthal angle of the emission of this
photon. Then the number of photons a"ﬂ’s (%, r.d,y) which have
travelled to the point 7 in the interaction region can be ex-
pressed by the number of electrons din, {i') which would have
had travelled to this point and by cross section (9)

AN, (7,0,4) = dbe(T-46) & B dudy =

5 = 8,V{wnfw) -1 (wsy, siny)

(here k¥ is the conversion coefficlent).

4. The mean polarization of the r beam ie obtained from
eq. (10) after averaging it over the azimuthal angle Y of
the weight, proportional to the cross pection (9) (of. [9,11]}

(§‘> = -—-——"(q::> = c"ﬂ ; (17
‘%> g

Note that these functions do not depend on the itransverse

.electron polarization.

As a result, all Stukea perameters are distinct from ze-
ro and, therefore, in principle the complete polarization mea-
surements are possible. The functions ('g;) are proporti-
onal to the polarization parsmeters of the electrons and (or)
laser photona, i.e. varying P‘ ,P‘, r and A one can, in
principle, extract the dependence of the observed quantities

on (§;) -

The energy dependences of Stokes parameters (§£-)
for some interesting cases are shown in fig. 9.

1f the laser light has the linear polarizatiom, then

-
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high energy photons are polarized in the same direction. It is

seen from fig. 9b that their linear polarization degree decre-
2 . = £ L 2

ases with the decreasge of the;r energy. (If the electrons ha dﬂ' 8 -{-(,’I‘-iq.ll* ff‘-Ll )d.'"J dﬂ:_f_(m*[ = {H-f )G”"J

ve longitudinal polarization, the photons- obtain the additio~ 0 < 2

nal circular polarization). '

If the laser light has the circular polarization E: or

Having substitutes eq. (19b) into (19a), we obtain

(19¢)
dﬂ}=-jM(H+H:)dr ,dq; ='R€(H+H-¥)‘{F-

(and) the electrons have the longitudinal polarization 2j , Note that @0, is the ye-X cross section for nompolarized
then the ¥ beam has the circular polarization <§1) as photon. Por nonpolarized electrons "the cross sections" d'o; ’
well. Moreover, {Il(:f-?:ﬂ..]) = - .E,_. for A =0 or P = L1, da, da"’ vanish after averaging over the final spin states
TF 8 sledtrons are nompolarized, then {E;) changes its and azimuthal aengles. If electrons are longitudinally polari-
slgn at y = x/(x+2), L.e. near Y, = x/(x+1) (the value zed, the cross section ddy does not vanish, generally spea-
¥ = x/(x+2) corresponds to scattering angle &./2 in the rest king, after such averaging.

Bystem of the initial electron)., It is seen from fig. 9 that

at }.P‘ (0 the region expands in which {};) has the same 2+2. Luminogity and the number of events

sign as (,(y=duh ot

i ok The spectral luminosity of the }€ collipions is deter-
2+ Polerization effects in the !{&' colligions mined as usual (see sect. T7.2. in ref. [2] ) by the relation
o (the integration over 4 and ¥ are assumed)

ele “cross tiong" '

s dLJf{“’) ; ‘l’jdﬁr({: w,¢) d,(3) [d*x o
The cross section for the colligions of the polariged
Photons with electrons when the arbitrary system of purticleux SUSLY. Y AN She TNPEIDU 00 RS ¥
is produced can be written in the form - . Stokes parameters averaged "over collisions (y.(p)) ave

3 ; ; determined by the relation (c¢f. eg. (10))
dﬂ}'__x =2 E do. . (18)

=0 % " | CE(9)) dbye = 3 [dM, (£, 0,9) 5, (w,0) dW,(7) [ d 2 (21)
where § . are Stokes parameters of the photon and =1 :
is introduced for convenience. "The cross sectiong® n‘d:- can
be expressed by the amplitudes M, for the process ye - X

As a result, in accordance with eqs (18) the counting ra-
te (the number of evente per time unit for the reaction J'E-iX}

with the photon helicity a = 1. Indeed, Le-equai ‘b :

sy (23" v ' dN,, = dbo(w) Z (5())-d0. (cEy=q) (22
Aoy =3, , ot M I, "“ﬁ;"“’f'ﬁﬁ)ﬂ;%"“m i jeor = Shelv) SXEMNId0: [y 5q)
where dI' is the phase space volume : In the general case Stokes parameters averaged over col-

and _f-‘ is the photon dﬂdtr"‘tﬂ?: in lisions (§; (¢)> (21) do not coincide with those averaged
the helicity basis ¥ g over the y beam (¥, (17) (e.g. due to axial asymmetry

f 1 (19b) : of beams). However, in some important cases this difference
fl-i =3 f"’&)n f'.. -s {f*;)} .r'__:l .F_: = i!-(.}'.’.,.iﬂ)' venishes. In particular,
12 :
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(5.(0)) =(5>= (o [G, ot p*«d or pin 4 (23)

or for axial symmetric beams.

For the case of axiel symmetric beame this result follows from
eqss (20),(21) and (16). The limiting cases p*&«{ and p*»{
will consider in the next section in detail.

It ie useful to note that luminosity (20) and quantities
(21) do not depend on the electron transverse polarization if
both the electron beams have the same shape, and d'”e (-’1') =

dNe(Z) .

5¢3. Axial symmetric electron beems with the
Gaussglan distribution

In this case the number of electrons in the interaction
region would be
i

2 N, -tt/a,
dWe (%) = m—;j = d*x, (24)

Substituting expressions (24) and (16) into eq. (20) one ob=-
taine

2
dbye @)= kLoe fis, &) e[ (52 -1)] du, (25)

where k is the conversion coefficient and Leet fﬂ";[!#ﬂ:’

is the luminoeity of the basic efe” collision without collipi-
on effects. Note that the only difference with ref. [2} is the
new form (4) for f(x,y) . Just this formula was used in sect.2.

6. Polarization effects in the V44 collision

6.1. The yy+X "cross sections"

As in the fe collisione the cross section for the

rr_.x reaction with the polarized photons can be written in
the form

14

o
= 6
A% x= 2 7§, 5 1%, S

Ed‘zﬂ

where E and E are Stokes parameters for the first and se-
L <

cond photons and § = § =1 . "The cross sections" Adg.. one

can express by the helicity amplitudes of the JJ"'X reaction-

- gee appendix C.

After averaging over the final spin states and azimuthal
angles only 3 among 16 quantities da:j do not vanish. It is
the cross pection for nonpolarized photons 0= ﬂ'm and quanti-

ties 7= ':';t and T= cl;_,'-ﬁfH {here the notationa from review

[12] are uged). They are expressed in terms of the Jy-» X cross

gections for the scattering of photons with parallel Gi or
orthogonal d'_L linear polarizations or in the states whoee
total helicity is zero ﬂ; or two §; (in c.m.s. of the photons)s

g L5 q =i
026,216 0): 30+ 0); =g, =15-8);

Por all processes which we lmow at high energies conside-
red, the quantity ¥ is small in comparison with 0" 3

G-%=%-% (2D

Tl «o | (74 L0 (27a)

;

6.2, Luminogity and the counting rate

The spectral luminosity of the )y} collisions is determi-
ned by the relation (cf. eq. (20))

il (w,3)= 2] (T, v, 0) di (%, 5, F)[ o' (28)

(The tilde is used for the parameters of the second beam, for
it in formulae eimilar to eqs. (16), (9-14) one should repla-

ce the angles R andJﬁ by {-'F),{-}) and(-ﬁ') becau-
se the second beam moves opposite to the direction of the Z
axis of laboratory system).

The products of Stokes parameters averaged "over collisi-
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ona™ {EE?J} are determined by the relationsf}

(5,8 dly =AM (20.0)5 )5 )R (E 55) [ (2

As a result, in accerdance with eq. (26) the counting ra-
te for the “’—:)( reaction is equal to

by 3 i
dNypox = di’rrt,dzw 43}3:,-) ‘fﬂfj : (31)

Taking into account eq. (27), it is convenient to use the li-
near combination

AE_E‘{. <§3£-§f§f)' (29a)

In this case eg. (31) has the form

d‘{irm = dly, (d0 + (5,8,drt +AdT+.,) (31a)

6s3. Limit cases

In the general case the mean product of 51:0]:&3 parameters
is not equal to the product of Stokas parameters of the sing-
le Ybeams. However, in the limit cases of small and large valu-
ee of the quantity SJ" (2) such a factorization takes places

R X « It is a very useful re-
fifﬂg hec{ai‘u)u glf‘éiman polarization of the y beam (J;)
is determined by simple eqs. (17), (12) and it does not de-
pend on the beam shapes. Therefore, under such circumstances
one needs neither new measuremente nor calculations using the
beam characteristics to determine (F, j-';) x

Let us show thig factorization and estimate its accuracy
without making any assumptione about the electron density.

While the convergion point is near the interaction point,
the broadening of the jJ beam H‘ﬂ, is emall as compared
to the smallest transverse size e, which the electron beam
would have had. In this case the photone which reach the defi-
nite point in the interaction region can have arbitrary azi-
muthal angles, 1.e. the angles lf and 59 are not correlated

16

{in other words, ore can neglect in (16), (29) the difference
between %-gﬁg and ’uf-? and between E“f@‘ and % }+ Therefors,
the integrations vver ¥ and *-F in eqs. (28), (29) become in-
dependent and lead to the averaging of }E (a.nd%: )} over V¥
(and ¥ )} with the weight proport.onsl to da, [dw dv¥ (and
dﬁ:/a’ﬁﬁf‘? }; is.es to the abovementioned factorization.

To estimate the accuracy of thias factorization, one ex-
pands in egs. (28),(29) the quantity di, (7 - fﬁr) in egs.
(28),(29) in powers of 96 . After integration over Z the
quantity gﬂfﬂ,,, ~ P = é”s;fa,., becomes the parameter of this
expaneion and 1t determines the accuracy of factorization. Moo=
reover, the firsgt term of this expansion is proportional to
the expression jﬁé’ ?': (lf) ti'lf s Where 6-"'-“( {wa-f, n'ﬂl,f) « IT the
electrons have no transverse polarization, the quantity 'f‘f: fqﬂ)
(11) have the terms with @ShY andsmnyY atn =0,2,4 on-
ly. Therefore, th2 first terms of thie expansion vanish after
integration over Y and the corrections to the factorization
havre the mecond order of magnitude. As a result, at d’ﬁé(-.- ‘f) =
= tfﬂg{i’) we have

(5:8)=C5)(E) + 5,5,00pr) + 003); 5= bajan 1. (32a)

1 dNe(Z)#dl(2) , the 1tems ~%ifm,~3, p, should be added in
the righthand part of this expression.

Let us consider now the case when the distance b from the
conversion point to the interaction one is large enough and
the intrinsic sgize of the ) beam ~£9, is larger than the
largest transverse pize of the electron beam @y . In this ca-
ge the main part of the i colligions is conetituted by the
collisions of the most energetic photons (whose energies w
and W are close to «, ). But for this photons the coeffici-
ents C:gn and S;,, with n 2 1 are amall (see eg. (15)). Therefo-
re, only the independent on ‘¥ term qﬂ (and S;ﬁ ) in 9:

{11} gives the main contribution, and factorization takes
place.

To estimate the accuracy of factorization in thie case,
note that here Y, -y~ s Where ) 1s the monochromatizati-
on degree, i.e. f.” s.ﬂﬂzuﬂt in accordence with eq. (15).

in e

17T




Every x beam seems to be emitted from one point so they have
axial symmetry with the accuracy~fi= (@ (4§, )°. Therefore,
with the same accuracy after azimuthal averaging the cmﬂ‘ninati—
ons (;, C:jn and S&n 53-,, give the contribution to (E.F.)
only. Moreover, coefficients C;,r and #;, (14) with the lowest
power of ? are proportional to the degree of the electron
transverse polarization 3, . As a result,

5Ey= E 55 00) 00, fasew 34, O

(the largest corrections seem to be ~J; zﬁ'f,:f sy but they
ere unessential because in the case considered Q}f: )

6.4. Gausgian beams

Assuming the electrons beams to have axial symmetry and
the Gaussian distribution of density (24), one can calculate
the dependence on _?!' (2) in detail. Let us a:ﬂ‘rstitute eqs. (16)
end (24) into (28), (29) and integrate over 7 , ¥ and then
over §= f’-—\?. After integration over © the expression
j?i (¥) P, (¢-v¥)exp(-Vwst)dydy eppears. When one integrates _
it over y° the only combinations Ciy Q" and (,;, C},;-—S;, Sj.,-‘- Rfﬂ;.af,h)
give nonzero contributions. Their main properties follow from
eqge. (13-15)

fﬁf{Ainﬁ}nJ/zcovEW! £ 4 RE(AHA]"I‘] < ';J.%“.L ; (33a)

Re(Aindin)[2GoGo = (=919 w4 4 Trun

The mean value of cssny 1is expressed via modified Bessel fun-
ctiona:

L.v S _
(cos ny) =m)i Lw)=jdte T sy - e (- ) O
[

Ag a result, one obtains

o Pl 25 % [hen- L2 -2 M,
'] w ;

dw dio € G dw T JJ
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M= 1+A (cos¥) + A,'{ﬁﬂszr); Af(ﬁﬁ)ﬁ-& fﬂ ;

(33c)

o ¢

A= £BE MA(F) ws 2y-3): Aty)= yafr-1)/

’

where ¢ is defined by eq. (8), and quantities An =

=Re{«4,,,ﬁm}/zc;ﬂa,p are limited: [A,[<1 and M<1 . The

difference between this expression and that for the nonpola~
rized beams (see eq. (40) in ref. [2]} is in the new spectrum
Jr’{;t,gr) (4) and the additional factor M. If the electron trans-,
verse polarization and linear polarization of laser photcae
are absent, then M = 1; just this case was considered in ref.
[2] end 1in sect. 3.

The mean value {E;_ §> is determined by the relations
which can be obtained in the same manner as eq. -(33):

Y Y

~ - 4 - RE(AH} A 'l)

{g.g.}=-—-[}§_){§_>+z i {cosn¥)| . (34)
e, S R o Q,Qo C”

These relations teke place for the arbitrary axial aymmetric

beams, but (C0Sn¥) has form (33b) in the Gauesien case (24)

only.

Pactorization relations (32) are broken in the case under
consideration by items of the type [fdﬂn%n)fi@.ﬁ,}(fﬁ"?}
(see eqgs. (33a,b)). The quantities {(wWsny¢) depend on V (33b)
only, end the characteristic value of V¢ f’_‘ e At V¢1 a@and
N4 one has{Wsn¥} < O0.11. Therefore, if the electron
transverse polarization is absent (and there are no items with
n = 1), factorization (32a) at p¢ 1 is fulfilled with the
accuracy £ 10%. With the same accuracy we have M = 1. For
$'»{ in the main region we have Y,-Y~),%-9~% and, the-
refore, the quantities Ee{#,—,%n)fzﬁga, ~jn (see eq.(33a))
are small; that results in eq. (32b) and M=~ 1.

6+5. Two unexpected effects {;nr detalls see appendix E}

Let us consider the case when the laser light is nonpo-
larized but both electron beams have trensverse polarizations.
According to egs. (33), (34) we have in this case (¥, )= (§,)=0
but {}l‘;‘) #£0 , i.e. the electron transverse polarizations
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fipranaform" into the circular polarizations of ﬁhc:tonaa

There is another interesting effect in the )} collisions
in the case when both laser beams have the same polarizations
in every flash (e.g., it may be one laser beam divided into
two beams) but for many flashes the average polarization of
laser light is zero. Nevertheless, in thise case the )y lumino~
gity changes considerably in comparison with the luminosity for
the truly nonpolarized laser beams.

Tels YY -collisions. Nonpolarized electron and laser beams

The discussion below supplements that in ref. [2] _ We con-
gider here once more unexpected effect which arises in nonpo-
larized axial symmetric beams. Even in this case a nontrivial
polarization effect taskes place i.e. between quantities
':5,;?_,-) there are the nonzero one

<§$§,)=—{ff;";>=ﬂ=§[f{wsw>, A>0, (35)

Here f is given by eq. (10a). As a result, eq. (31) converts
to the form (cf. (27))

] (36)

.

Ay = by (d0+Ade)= dlg[ ($+1)d0, + (£=AM0,

=X

Therefore, the initial states with parsllel linear photon
polarization more contribute to the observable events than
those with orthogonal polarizations. This effect is due to
the fact that the final photona in the Compton scattering are
polarized orthogonal to the scattering plane (10a). Of course,
this polerization venishes after averaging over the ) beam
(5,5=(5,) =0 « However, at¢'»{ the photons colliding in
any point hEuld be emitted at the cloae anglmi Ezﬁ, f:lf *
iees ¥=5Y¥Y-¥Y 0@ , and hence the quantity 5§ - Lff =
= f? esily¥ does not vanish after averaging. Therefore, at
_f" ¥ 0 the counting rate contalns on the polarization depen-
dence though each Jf beam ie nonpolerized st the average.

Ae a result to extract the nonpolarized cross section dr:q'o;ﬂ
from the data one should know the quantity Ad? , i.e. the

20

problem is more complicated than usually.

However, the effect under consideration is not great. In-
deed, the guantity A~c*~p'  at p«f due to the factor .
os2¥)  and A~(YnY) (%" ) at yy- Y, due to factors e .
Moreover, the quantity A is not great at other values of f as
well. Thus, at x = 2.69 one has f’(‘ 0.6 for all values of Y ,
i.ce A< 0.18. Taking into account eq. (278) as well one can
expect the contribution Ad? to be negligible.

Te2s YY -collisions. The case -\P; # D,IE # 0

(Axial symmetric buamsl

This subsection supplemente naturally the discussion of
gact. 2.

The case when helicitieg of both electrons and laser pho=-
tons are nonzero is important becaumse at AP, ¢ 0 and :iPE{ 0
the monochromatization of the YY collisions improves conside-
rably (sect. 3). We assume here for the sake of simplicity that
the transverse electron polarization and the linear polariza-
tion of laser photons are absent. In this case the circular
polarization degrees Ez and }'1 for ﬂlr-. high energy photons
are independent of azimuthal angles Y,¢ , oha (E; g:} =¥ f
for i = J = 0,2. Here, 3 =

¥

E, = <50 = Goof Goo , -
where f;-a is defined in eq. (i2). Am a result, eq. (31)
converts to the form (ecf. eqs. (36), (33c))

AWipsx = dlyy (dO +AdT + 5§, de* v dgyyeF ey ) (39)
A= Ats)ACS)- (coszy) '

and luminoeity d{‘J’J’ ig given in eg. (33c)'with M = 1.

The contribution of d'ﬂ;, and ﬂ'ﬂ;,ﬂ_ vanishes after avera-
ging over azimuthal angles and polarizatibq}_af the final par-
ticles. It is absent at all for the pair pmoduction or for
the inclusive proceeses yr— at. ' {see appc_mdix C).

In the interesting case 42 %*-/ at w= w, we have
|§;i x4 ,Az0 « Woreover, onc can ch;'n}g?e the sign of E.z
having conserved the product A Pc i.e% wmithout variation

-
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X« d o0 x> 1 and p«f

of spectrum) by simultaneously changing the gigne of A and
f”é . This allows one to measure the interesting quantity
te=3(0,- ﬁ') (27) besldes u‘:-‘-{d" +-0;') . In other words,
the direct measurement of §, and d” is possible. Fig. 10
shows the dependence of the coneaponﬂing luminosities ﬂ'ﬂp/ﬁ"&
and ﬂﬁcg /d& on 2= W"/.EE where

= ,’:{f:*j"_i)ﬂ* . dNyyax = ol A6+ dirde »dly[Ndre..) (30

It is seen that dl,[dz » dz;/“ff at 25 Zm , iee. here Hcg
will be measured only. For A = 0 in the limiting cases

or pX{ these lumi-
nosities were obtained in ref. [6]

8. Discussion

1« Spectrum of the high energy phut-:ma becomes conside-
rably harder for the electrons and laser photona with the oppo-
gite helicities (gee fig. 2). This leads to two advantages in
the problem of obtaining certain monochromatization degree in
contrast with the gase of the nonpolarized initial beams

i) the charecteristic laser flash energy Ao is less and
1ii) the luminogities JJ,,,_. and L“ are larger.

For example, at fixed laser flash energy A and for the
monochromatization degree f” { 15% the luminosity f.” inc-
reases by two orders of magnitude or more in comparison with
the case of nonpolarized initial beams.

2. The average values of Stokes parameter of the Y beam
(’E) can be done of order of unity by variation of laser
flash polarization (see Fig. 9). Therefore, in principle the
complete polarization measurements are possible in the yé-»X
end n-—r}( reactions.

3. In the experiments with the usual polarized beams 1t
only suffices to know beam densities and averaged polarizati-
ons. This does not hold for yy collisions under considerati-
on due to special method of creation of the I -beams. Avera-

e ﬁg&wm. of ih’ §1W

parameters %‘) _for two
eams ‘which determine measurable cross | ons. (31} o not
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decay into the products of average Stokes parameters for every
beam. Therefore, they demand the specisl calibration. We show
this difficulty to vanish in two important limits (32) when
¢¥: ‘5—' Yo (¥ {f> and (F;> can be calculated
if one knows photcm energies and electron and laser beam pola-
rizatione only (see egs. (17),(12)).

4. Even if the electrons and laser photons are nonpolari-
zed the high energy photons are polarized orthogonal to the
scattering plane. While the conversion point is near the inter-
action one the photons with different scattering plamnes collide
in eny point of the interaction region. That is why the polari-
zation effects wanish after azimuthal averaging.

When the conversgion points are far enough from the inter-
action one the colliding photons were s attered approximately
at the same plane, i.e. they have approximately parallel line-
ar polarizations. That ie why the additional contribution to
the crogs section which is proportional to the product of ﬁhn—
ton polarizations does not vanish after averaging
<'§a£;'ff'§:r>4:o « Therefore, the measurable cross gection dif-
fera from that for nonpolarized photons even in the case when
electron and lesser beams are nonpolarized. The corresponding
additional contribution is given by the term Ad? (cf. eg.
(36)) where A depends essentially on the beam shape. Terefo-
re, it is necessary to have, generally speaking, the additio-
nal method of extracting quantities ¢ and AT from the sum
6+ AT measured. Fortunately, the value AT ig usually
small and can be neglected for first measurements (cf. the
discusaion in subeect. T.1).

5. The main numerical results were obtained above for
the Nd laser W, = 1.17 eV and E = 150 GeV, i.e. x = 2.69.
Let us discuss briefly the E and W, dependence restricting
ourselves by the value xX 4-8*]- For the sake of definitness

* e

) iIf x > 4.8, then ete pairs are produced at the collision
of laser photon with high energy one in the conversion regione.
Thlis process decreases the number of high energy photons and
changes thelr spectrum.
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let us congider the YY) collisions at 2xP. =2%XF =-4 and

?' = 10% for VLEPP parameters.

Xy :
In this case the characteristic laser flash energy Ao (6)

. increases if W, is fixed and E grows. Simultaneously the lumi-
noaity r'_,“. increaaes(at fixed value of the conversion coeffi-
cient k). Thus, for W, = 1.17 eV when E varies from 50 GeV to
300 GeV, the quantity Ao varies from 70 J to 250 J, and

1 varies from 0.05 to 0.31 (cf. table 8 in ref. f2])-
Ly [K* Lge

At the interval consgidered 0.9 ¢( x ¢ 4.8 the increase of
I.Jﬂ at fixed value of E is accomplished by small decrease of
Ao and the considerable increase of LII « Thua, at E = 50 GeV
when x varies from 0.9 to 5 (i.e. W, varies from 1. 17 eV to
7 eV) the value of A, decreases from 70 J to 40 J, and

L”“:lbee increases from 0.05 to 0.3. Besides, the maximum pho-

ton energy W, increases from 24 GeV to 42 GeV.

We are very grateful to Ya.l.Grinchishin, V.A.Khoze,
A.N.Skrinsky and V.D.lUgozhaev for useful discussions.
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APPENDIX 4. PROBLEMS OF CALIBRATION

The calibration of the luminosity for nonpolarized initi=-
al beams and the main calibration processes for Y€ - and
Y¥ - collisions were discussed in ref. [2]- Here we discuss
briefly the new effects arising due to initial beam polariza-
tions.

Ael. m{ - collisionsg.

1s The yy-pp e*e" process was discussed carefully in
refs,[13]. Its total cross section ig relatively large
{S-T-1D'33 cmz} and energy independent. The mean muon produc-
tion angles are not too small, §, ~ M. [w . The total X -
pair energy coincides with the energy of "“ite" photon. The
grqyﬂjfUE*E" cropa section ie independent of circular pho-
ton polarization. The digtribution of muons both in energy and
in the production angle QH deviate for lesa than 2.5% when
the linear photon polarization varies. If the photons are 1li-
nearly polarized then the asymmetry of ~ 10% arises in the
muon azimuthal angle distribution.

The JY = ete"e'e™ procees has larger cross section

{6.5-10_30 cmz) and ite polarization dependence ie also not
large [13]. In the investigation of the processes with emall
t!EL

cross pectiona ~ o one can uge the processes
r— fﬁf (€= €, )”:T) with large production angles

for comparison. Their crose sections are strongly dependent

on cirecular photon polarization and have large azimuthal asym-

metry connected with linear photon polarization.

In these processes the greatest cross .sections really are
(see [12, 14]}

dfy _ wa'/W ). d(033+%)  gpd* (Ae 1)
- w‘*{ﬁ‘ 2 W ot 4k

(Here W ie invariant “’ mass, t is the squared transfer,
4 - momentum, P, - transverse component of the lepton momen-
tum, x axis is chosen in leptoms production plane), (ther
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croeg gections are small:

f‘ﬂ‘_‘ mf) drd;].'ﬂf}- 'l'_'.l.'l‘;‘ dd;’, = ﬂ(d'jp B m; {AIE]
i — - 3} — == e L]
R [ ”}f} P! dfo, + ) d(d,+0,)  pE

f
2. The luminogity calibration. The event number in the
yy— X reaction 133 (see (31))

dhe 5" dly, Ew <§=‘§-> dcr’{l; :
Since the total cross section and the energy distribution for
the main calibration process yy- MM e*e™ (as for 9 & e"ete"e™)
are practically independent of the photon polarizations, then
the measurement of this cross section will allow one to measu-~
re directly the luminosity df'”{d‘"““ﬁ
rizations.

besides beam pola-

3« The products of the Stokes parameters

One must know and have an opportunity to change the mean
values of the products of the Stokes parameters (¥ E >
for separate measurement of the cross sections dd; .
" In the most attractive case of circularly polarized laser
‘photona and longitudinally polarized electrons the event
-number is given by egs. (35),(36). They show us the variation
of the pigns both of helicities of the electron and laser pho-
ton results in the change of § -beam polarization but } -
-spectrum remaine unchanged.

The value of the c¢ircular polarization fz (and i ) does
- not depend on the beam geometry and is given by eq. (35). This
allows one to provide the complete study of the cross section
dependence on the circular photon polarization.

In general, the calibration of the polarizations (¥, %;)
is necessary, as it 1s seen from egs (29),(34). Mear.mhile, the
most physically interesting cases are that of _p &« (ma-
ximum conversion coefficient) and f »nA1 (good monochroma=-
ization)s In both these cases according to eq. (32) the depen-
dence on the density distributions becomes unesgential .und
one mugt only know the polarizations of laser and electron
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beams to determine {-E..‘E,') % {5 (’33.) . In this cage one
must decrease the electron transverse polarization degree to
decrease the insccuracy of relations (32). '

A.2. V€ - collisions
g

ey

Total cross sections and energy distributions for: main -
calibrating processes }[€ .-,f {E’ ( f =Me.) do nnt 'prﬁcti—
cally depend on photon polarization as well. Therefnre, nne
can determine the luminosity ﬁ'ﬁr.,]a"d for all photon pfﬂiariza—
tions (1% azimuthal angle distribution depends on linear pho-
ton polarization). ; 3

When the processes with small cross sections are studied,
one can use for comparison the Compton effect which depen&a
strongly on )  and Pc (9). ‘ ,,a .

In general here the polarization (¥ f_P)} (21) calib-
ration is necessary (due to the reasons similar to those for
¥y = collisione). This difficult task is simpliefed forge -
-collisions not only at the casmes of _? &1 ‘angd f*mf &
but at the case of axial symmetry of the beams wha;'k the pola-

rization does not depend on beams geometry.

Ae3s Electron polarization control

One can control the electron polarization value simulta-
neously with the luminosity measurement (provided the handling
of a laser polarization ie simple).

Longitudinal electron polarization. The hard: p&i‘t of the high

energy photon spectrum ie rather mensitive to the.hf,_. value
(see fig. 2). Therefore, the observation of the deviation of
thie spectrum when the sign of P is changed yields the in-
formation about the"#‘?alue.

Transverse electron polarization %; seems not to be interes-

ting in.the gonsidered problems. It is only epsential to 'rerj_.._w_.'. 5
fy the fact that its contributions {depenﬂing on the beam geo- -

nat to bresk practigally the qi..nplq . ¢

2) Wﬁ ghall coriglder Tlhe ’beLa tu
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be axially symmetric for definitness. Then all the effects of
electron transverse polarization are not large and are propor-
tional to T, ':','1 {cos+) , where ((0S¥) depends on density
digtribution in a beam. In particular there ia a contribution
to luminosity (33) proportional to ¥, r;l P. ft { wos¥>,
Therefore observing the luminosity davis.tinn at the variation
of the sign of P and . (when A and }L are known) one can
find the value 154_ ";_,_ { wsy) with sufficient accura-
CY.
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APPENDIXZ B. THE COMPTON EFFECT FOR
POLARIZED PARTICLES

Thia appendix contains the necesgsary formuiae for the
Compton effect € (p)+ Y,(k) = y(k) + € (p’') when the
polarizations of both photone and the initial electron are
considered. Let us introduce the invariants

Ver | dogmre e | T o iy a ke ak
. B e e S i R Wi
(B.1)
E}q?rlf a.H _kqvip‘r kf
:mé‘

where @ 1s electron spin 4-vector. Let J; and }'; be
the Stokes parameters for laser and high energy photons in
the Temtlml, axeg - X axie is orthogonal to the reaction pla-
ne, x| k Fi( and 1t ies the same for both photons, y axes
belong to the reaction plane (see [T] esg+)s The Compton dif-
ferential cross section has the form in our casge.

da - ! ’ n"-".t' d?p’
de, = P [f; 2;51;-] 5(peko-k-p') Zr T-f_
E= ;—% - ?‘1f'f-'!~)+ ‘t’t!”!’-i}}", + E-‘:[{'f ,f#:).‘i’ *5 ]I ¥
F=attaa)y - 225

(B.2)
[i = {4-31,}(;;; + f-H)II + E'I[F.r +{4-21)51J - 11[{1’-?}1} -(f—.ﬂ)s_:]& +

'F:i - qu;.q.) + 2[4-11”"4}}.]3 - ,Em[ff-z“!-)-ff - :‘T‘;]I.l-
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The cross section (B.2) satisfies the symmetry relations
which arise from gJeu gymmetry (see [T]). Namely, the quan=-
titrfg+gl§$; does not vary under the replmamantp I_,I'fﬂ,rfn _"Izn-j“;
: 2 o X! and i’,t- -f’ (or 5,0 -5 » =Y dfr1-y) "
fo £/ (1-y) )+ Eq. (B.2) was obtained by us from eq. (87+10)
in textbook [7] using the Reduce-2 system for algebraic compu-
tations (10 minutes on ES 1033). This cross section was compu-
ted earlier in the electron rest system [B], in the lab. sys-
tem [9] and in the covariant form [10]. The result (B.2) in
the corresponding system coincides with that of ref. [Bl (The
formulae of refs. [9 ’ ‘_10] contain misprints). In laboratory
system the invariants have the form{af & &4):

YE w, W

) = :
mt ¢ Lo B s s

X=

£ J.x(f—yj(f-.!*t) -[i[% cos t’&'-f) )

F : {3‘3}
e ’;ei’ 1V IS |

_31k,K]

21.«0‘ me

=- |5 | 2 vinty-p)

5(f+k.-k-.v') i—j“-i;{i = dy de¢.

The azimuth of linear laser photon polarization at the
laboratory frame 1e 3’ , 8nd it 1is 'f'&’-(?ffﬁ in the reaction
frame. Therefore,

¥, =B sin2(y-¥), o =L, K == P, osaly-¢), (B.4)
At emall emission engles § « 1 conmidered the final photon
moves almost along # direction and [kﬁk] azimuth is

Y- (o/2) at the laboratory frame. Therefore, the Stokes para-
meters observed for final photon E‘f at this frame are con-
nected with f‘.' by the relations
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l__ ! !
‘If - E{ WSQ'F +§;5£”£?} .r;.: }: : I;’-":{;LIJSE?" .E: St:ﬂ.flf_ (E-S)
From (B.2-5) one cen obtain . %
’ R 3 .
dﬁﬂrf.g);__f_!: Z ?i{ E‘. P }-f E.uf (B.ﬁ.)
dy d'f Axmg (=0 o

where T‘: are defined in (11-14). One cen see that Stokes pa-
rameters for final electron itself are f{. — f‘/ﬂ . After sum-
ming up over final electron spin states we obtain crosa secti-
on (9) from (B.6). Finally, after the integration of (B.6) over
P we obtains

’ e |
R Rs o ot 3.7
(=0

-]
dy Xmg

where Cio are defined in (12)« This yields mean ) -beam
Stokes parameters (17).

The values C}a and AJH (12=14) satisfy some relations
which arise from the inequality ‘2:: I‘-" £4 . Really, rewriting

it in the form Z’ ?;."‘ .‘SE’#"' and integrating it over ¥ one
can find: =

3 'l { ] 2 i ’l
Efqﬂ "'E.:}Zn.huf"' € G +"hszMM : e
Using this result snd the relations |A,| € [Ayl|=As4l,

ﬂﬂ=jﬂ=ﬂ, 'Aﬂatf *S!Aﬂl: fA;:’ one can ob-
tain inequalities (14c).
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APPENDIX C. XB’ - WCROSS SECTIONS™

One can write the cross section for the yy- A reacti-
on with polarized photons in the form

sl
ki (Gt}
!

MY

3
q =
o Yr—+ X ,5:9 E,,

Here ¥. ‘?J are Stokes paramefers of the first and second
photons resp. (3:9 ol L f') « On the other hand, thie cross
sectlon can be expressed by density matrices £,/ (19b) and

the amplitude Mng for the process yy—-+X with the photons

helicities &b =% 13

dﬁ}*qx :'#;d-t‘ fﬂt?‘ﬂ Hﬂ‘ H:a" dF 4
d"i (C.2)
s b o
d.!n = m a“’i-k‘{zﬂ:J gﬁr}’l{c

Comparing (C.1) and (p.z}. it ie eagy to express dd’g
through Mag (we use the notations ¢, 2, %  from ref.
[12] alsc as well)

d6sdd, =4 ([Moal® + IMec]® ¢ [Mos I + [M_,[t) dr
dvis dgy = £ (IMeel sMa P = IMp P = [ H.uf? ) dT
dv = d(63-0,) = Re (M2 H..) d T
dl0ss-ay +ildy + )] = H-'-I#H dar
dley e dy +ilds=9p)] = Me. Moo ar,
A0y + @) =4 ( [Mesl® - M--1%) dF
didy ~0pe) = L IMe-1* = IM-41*) dT"
A(Cpy +i0y) = ~F( Mi-Moy + M, M. )dl,
Oy +idg)=-f (Hi M. + MMy ) dr,
dloy, +i0)= 4 (Mi-Myy = M, M. ) dr,
d(yy + i0,) s+ (Ma_ M. - Moo M,,) dr,

(c.3)

J2

All the quantities dﬂ"t are real. The complex form is used
J
for shortness only.

The "eross sections" d(0;, t¢,,) arise from the interfe-
rence of the amplitudes whose total helicities differ for 4
- due to states whose helicities differ for 2.

When the palir production or inclusive processea
= Rtw studied in the case of summing up over spin
states of final particles only 8 independent "croes sections"
remain of 16. If the X axis is in the reaction plane then
they are df,d7*, A7 and ™)

A0y +0y) = Mi-Mes dl, dldyy +i05,) =~ M Moy dF,

3 (C.4)
A(Tyy +i0y) == H_ M. dT.

Finally, affer averaging over azimuths of emission angles and
spins of the final particles, only ¢, % and % do not va-
niuh.

*} the terms A7y  and A%y were missed in eq. (4.23)
of reviewd [14] when the similar relation for equivalent pho-
tons were written.
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APPENDIX D

This appendix is devoted to the discussion of sume polari-
zation effects in the scheme to obtain colliding Yy -beams
congsidered. Their description is obtained from eqs. (33), (34).

D1, Electrons are polarized trensversally, laser radiation is
unpolarized

In this case the [ -beam mean polarization is zero accor-
ding to (17). However, at ¢~ 1 for yy = collisions

('E,_"En_) *+ 0 and the number of events (31) is equal to
ﬂ"ﬂ}”_,x = d-’aﬂ- {dd"-t- (Fs§y) dz% + A dT’J (Ds 1)

where A 4is defened by eg. (36) and (of. (338))

(5.8 = 4 (5 T) e (21-02- o) [ (, . s

So, transverse electron polarization is "transferred" to circu-
lar photon polarizetion. But this effect is very small at x<¢ 5
considered. One can see that H‘ffﬂ*f)/f;,f <043 '~ » 1l.e.

[<E. 5 < 0,01

D2. Correlation between two lasers

Let us consider the scheme when the conversion is obtal-
ned by one lager pulge divided into two parts, or when one la-
ger pource switchee on steps for of both lasers that for
every flash the polarizations are the same Pcz E '

Bl rra={ 2

It ie interesting to conmider the case when every flash
is polarized, but the polarization vanishes after averaging
over all flashes, i.e. (P.) = <Pt‘0533'> = {_pt 3,;”13.:, =0

, but (£ By =<BY,

RS =Xl ) Sias o8 vaateh, W shell sonalier she
eangle Y to be random so that ¢ P:' s’y = {'Ffﬁn"!)’) =

= $¢BYy, (BB wsy) = (B P singyd>  =0.We dlscuss
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the case when transverse electron polarization is sbsent. As a
result we have, according to egs. (33),(34):

' - fcor) ~ (cor) ( D.3)
AN oy = ALy [40+ CSEY dets A e ], o
The luminosity dz', J;car) deviates essentially from that for
unpolarized beams q';,;;P (c.f. (401 ref. [13 )s

(cor)
%“:‘; = 4+ 42X RIBO)BE) + 5 (Y A)ALS) (cos2p)
rr '

o 5
3ey) = ax (22-0)02-9) [ (=97 p-y—anpr-n)]

The item from ( P>  is not large here (c.f. the discussion
in connection with eq. (36)). But at y= Yy,  the function
Bfy) = 4 « Therefore, the item from ¢ Pg') influences the
luminosity essentially. Particularly, at AA >0 the lumi-
nosity increases and the ratio (D4) can be close to 2. The
values {E,_E_,_}“ﬂ” g ﬁ.tw} which determine the polerized
photon contribution also prove not to be small.

(D.4)

So, the correlations change strongly the result in compa-
riason with the really unpolarized beams or uncorrelating ones).
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Fige 1s The scheme of obt_sining colliding a'e and JI beams.
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